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CHUYEN DE III - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

HE THUC LUQNG
TRONG TAM GIAC

BAIL GIA TRI LUQNG GIAC CUA MOQT GOC TU 0° BEN 180°
PE TEST SO 01

PHAN I. Cau tric nghi¢m nhiéu phwong an lya chon. Thi sinh tra 10i tir cdu 1 dén cau 12. Mdi cau hoi

Cau 1:

Cau 2:

thi sinh chi chon m¢t phuong an.

Trén nira duong tron don vi cho diém M sao cho xoM = nhu hinh bén. Tim ménh dé dung.

y A
Bl1
M
A’ A
-
=1 o 1 T
A. sina >0. B. sina <0. C.sina=0. D. sina =1.

Trén nira duong tron don vi cho diém M sao cho xoM = o nhu hinh bén. Tim ménh dé dung.

y 4
M Bl1

B. cosa <0. C. cosa=0. D. cosa=-1.

Cho géc a = xOM véi diém M (—%,%] trén nira duong tron don vi. Gia tri lugng giac cua

A. cosa >0.

tana la

242 -1 22
—

1
A. tanag =———. B. tana=—2x/§. C. tana = D. tanag =——.
22 9
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CHUYEN DE III - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

1 242

Cau4: Cho goc a= xOM véi diém M (E’TJ trén nira duong tron don vi. Gid tri lugng giac cua
cota la

1
A. cota =——. B. cota=2x/§. C. cota =

22

Cau5:  Biéu thitc E =sin(180°—x)—2cos(90°—x)+cosx.tanx (x#90°) sau khi thu gon bang véi

242 -1 22
—

D. cota =——.
9

biéu thirc nao trong 4 biéu thirc dudi day:

A. A=0. B. B=-2sinx. C. C=sinx. D. D=-2cosx.
Chu 6:  Cho tam gidc ABC, tinh gid trj bieu thirc P =sin A.cos(B +C)+cos A.sin(B+C)

A. 0. B. 1. C. -1. D. 2.
Cau7: Rt gon biéu thirc 4 =—sin(180°—x)+cos(180°—x)+cosx ta duge

A. A=-sinx. B. A=sinx. C. A=2sinx. D. A=cosx.

Cau8: Cho cosa:§ véi 0<a <90 . Tinh sine .

A. sinazl. B. sinaz—l. C. sinazé. D. sina:iré.
5 5 5 5

cosox

V2
219 g W19 —/19 V19

A —. . . . . .
19 19 19 19

Cau9: Cho cota =-32 v6i 90°<a <180°. Khi d6 gia tri sina + bing

Cau 10: Cho sinazg,(%o <a<180°). Tinh P:cot(lso"—a)
5

A.PZE. B.Pz—i. C.Pz—i. D.Pzi.
4 4 3 3

Cau 11: Cho goc o thoamin 0 <a <180, cosa = —%,sina = 72 Khing dinh nao sau dy sai?

A. tana=—\/§. B. cota=—£.
2
. . 1
C. sin(lSO —a):—ﬁ. D. cos(180 —a):—.
3 3
. 2
, , +t .
Cau 12: K¢t qua rat gon cua biéu thic slhariand | bang
cosa+1
1 1
A. 2. B. l+tanc . C. —. D. ——.
cos” a sin” «

PHAN II. Céu tric nghiém ding sai. Thi sinh tra 10i tir cdu 1 dén ciu 4. Trong mdi ¥ a), b), ¢), d) & mbi
cau, thi sinh chon ding hodc sai.
Caul: Cho 0°<a<90°.
a) sina>0
b) cot(90°—a) > 0.
¢) sin(135°-a)<0.

d) sin(%+90°j<0.
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Cau 2:

Cau 3:

Cau 4:

CHUYEN DE III - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

Cho goc a =xOM v6i diem M (x,;y,) trén nira duong tron don vi.
a) sina = Xx,;Cosax =y, .

b) Néu x, <0 thi 0° <o <90°.

; 1 2+/2 1
¢)Neéu x, =—;y,=—— thigia tri cotax =——.
0773 Yo 3 g 2\/5
@) Néu x, =iy, = 292 i g L@ —cot@ 7
3 3 tana+cota 9

Cho cosazévé 0°<a<90°.
a) tana > 0.
2
b) sin(90° + ) ==
) sin (90" +ar) =

¢) Gié tri tana = 2+/2.

1+sin’ &
1-sin’ a

d) =1+2tan’ &

Cho sinx:%vé 90° < x < 180°.

a) cosx > 0.
-94

b) Gia trj ctia biéu thire P =2sin’ x —cos’ x = Teo"

¢) Gia tri tanx = i
12

sin’x 25

d) Gia tri ctia biéu thuc 4= —=
1+cos’x 313

PHAN III. Cau tric nghiém tra 1oi ngin. Thi sinh tra 10i tir cdu 1 dén cau 6.

Cau 1:

Cau 2:

Caiu 3:

Cau 4:

Cau 5:

. o 4 3  sinx—2cosx
Cho géc x théa man cot x =—. Tinh gia tri ctia biéu thirc: B=———- _
3 sin“x cosx+4sinx

4 5 TPV S : .
Biét cosa:?.Glatm dung cua biéu thirc P =4sin” o +8tan’ a 1a:

sina+5cosa

sin®a—2cos’ a

Tinh gi4 tri biéu thuc C = khi tana =2. (két qud lam tron dén hang phan tram)

.. , tan’x—sin’x e
Gid st —5————=tan" x. Khi d6 n c6 gia tri la
cot” x—cos™x
’ BRI + R , : 2 2 s 2 2 2
Tinh gia tri cta biéu thirc sin” a.tan” a+4sin” a—tan" a+3cos” a

Cho 4,B,C 1a ba goc trong tam gisc ABC. Tinh gia tri coa biéu thic sau:

P =cos’ (1800 —gj—cosz [Mj+tan§.tan A;C

2
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HUONG DAN GIAI CHI TIET
PHAN I. Ciu tric nghiém nhiéu phwong an lra chon. Thi sinh tra 10i tir cdu 1 dén ciu 12. Mi cau hoi
thi sinh chi chon mgt phuwong an.

Ciau 1:  Trén nira dudng tron don vi cho diém M sao cho xoM = ¢ nhu hinh bén. Tim ménh dé ding.

y A
Bl1
M
A A
-
-1 o 1 T
A.- B. sina <0. C.sina=0. D. sina=1.
Loi giai

+) Chiéu diém M 1én truc oy = sina >0,

Cau2: Trén nira dudng tron don vi cho diém M sao cho xoM = nhu hinh bén. Tim ménh dé ding.

y 4
M Bl1
0
A.F \ A
.
-1 ] 1 T
A. cosa >0. E._ C. cosa=0. D. cosa=-1.

Loi giai

+) Chiéu diém M 1én truc ox = cosa <0.

Cau3: Cho géc a= xOM véi diém M (—% %J trén ntra duong tron don vi. Gid tri luong giac cua

tana la

1 _
A. tang =———. B. C. tana=2\/§ 1. D. tana=—£.

242 3 9

Loi giai

: 2\/— cosa=—§ . &
Tatha M| ——;—— = tana = S =i=—2\/§

3’ 242 cosa 1

sin@g =—— 3
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Cau 4:

Cau 5:

Ciu 6:

Cau 7:

Cau 9:

CHUYEN DPE IIl - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

1 242

Cho goc a = XxOM véi diém M (— TJ trén nira duong tron don vi. Gid tri lugng giac cua

cota la
A.- B. cota =242 C. cota:Z\/E_I. D. cota:¥.
Loi giai
cosa 1 1
Tatha M li 3 :cota—cosa 3 1
373 242 sino \/_ \/—

sinog =——
3

Biéu thirc E =sin(180°—x)—2cos(90°—x)+ cosx.tan x (x #90°) sau khi thu gon bang véi
biéu thirc ndo trong 4 biéu thirc dudi day:
A. 20N B. B=-2sinx. C. C=sinx. D. D=-2cosx.

Loi gii

sinx .
=sinx.

Ta c6: sin(180°—x)=sinx; cos(90°—x)=sinx; cosx.tanx = Cos x.
cos X

Vay E =sin(180°—x)—2cos(90°—x)+cosx.tanx (x =90°)

=sinx—2sinx+sinx =0.

Cho tam gidc ABC, tinh gi tri biéu thic P = sin A. cos(B + C) +cos A.sin(B + C)

A. 0N B. 1. C. 1. D. 2.
Loi giai

Trong tam giac ABC, c6 B+C=180°—4.

Suy ra sin(B+C)=sin4; cos(B+C)=—cos 4.

Vay P =sin A.cos(B+C)+cos A.sin(B+C)=—sin A.cos A+cos A.sin 4=0.

Rt gon biéu thire A4 =—sin(180°—x)+cos(180°—x)+cosx ta dugc

A. A=—sinx. B. A=sinx. C. A4=2sinx. D. A=cosx.
Loi giai
Ta c6 A=-sin(180°—x)+cos(180°—x)+cosx

=—8inX—COSX+CosSx=-—sinx

Cho cosa% véi 0<a <90 . Tinh sine .

A. sinazl. B. sinaz—l. C. D. sina:ig.
5 5 - 5

Loi giai

2
) ) 3
Ta co: sina=1-cos’a=1- 4 =i:>sma=i—.
5 25 5
a ) 3
Do 0<a <90° nén sina >0. Suy ra, sma:§.

Cho cotar =342 v6i 90° < o <180°. Khi do gia tri sina +—>2% bing:

N
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A. B. @. C. ﬂ. D. @.
= 19 19 19

Loi giai
4 1 2 -2 1 . 1
Taco —5—=I1+cot"a=1+18=19 =>sin"a=— =sina =+——
sin” o 19 19

32

\ . ) 1 .
Vi 90°<a <180° =sina >0 =>sing =—— = cosa =sIna.cota = ——

Ji9 V19

050{_1_3__2@
2o V19 V19 19

Cau 10: Cho sinazé,(90° <a<180°). Tinh P=cot(180°—a)
5

A P22 B. P=_3, c.p=-2 D.
4 4 3 -

Loi giai

. C
Suy ra smmao +

Do 90°<a<180°:>cota<0:>cota=—\/ , 12 —lz—\/g—lz—i.
sin” & 9 3

P=cot(180° —a)=—cota =§

. Khang dinh nao sau day sai?

w|&

Cau 11: Cho géc o théaman 0 < <180, cosa:—é,sina:

A. tan“:—‘/i. B. cota:—ﬁ.
2

g.- D. cos(l80°—a)=%.

Loi gidi

cosa \/5

-5 cos(180° —a)z—cosa :%.

, sin
Ta co: tana = =—\/§; cota =

cosa sinx
) o ) 2
s1n<180 —a)=sma=£.
3
sina+tana )
Cau 12: Két qua rat gon cua biéu thic | ——————— | +1 bang
cosa+1
1
A. 2. B. I+tanx . g.- D. ——.
sin” «
Loi giai
. 2
X sina(cosa+1) )
sina +tana sina 1
Tac)| —m8M8 | +1= cosa +1= +1:tan2a+1: T -
cosa+1 cosa+1 cosa cos  a

PHAN II. Ciu tric nghiém diing sai. Thi sinh tra 10i tir cdu 1 dén céu 4. Trong mdi ¥ a), b), ¢), d) & mdi
cau, thi sinh chon ding hodc sai.
Caul: Cho 0°<a<90°.
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Cau 2:

Cau 3:

CHUYEN DE III - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

a) sina>0
b) cot(90°—a) > 0.
¢) sin(135°-a)<0.

d) sin (ﬁ + 90°) <0,
2
Loi gidi

| a)bing | b)Ping | Sai | d)Sai |
a) Tacod: 0°<a <90°= sina > 0. Pung.

b) Ta coé: cot(90° —a) =tana > 0. bung.
c) Tacod: 45°<135°—a <135°=sin(135°—a) > 0 Sai.

d) Ta c6: 90° < %+9oo <135°= sin(%+90°) >0. Sai.

Cho goc & = xOM véi diém M (x,;y,) trén nira duong tron don vi.
a) sina = x,;Cos L =y, .
b) Néu x, <0 thi 0° < <90°.

242

. 1 1
¢) Néu x, =§;y0 =— thi gia tri cota =——=.

22

d) Néu x, :—l;yo :& thi gia tri fana—coter 7
3 3 tana +cota 9
Loi giai
| a)Sai | b)Sai | c¢Ping | d)Ping
a) Khang dinh SAI vi diém M (xy3,) trén nita dudng tron don vi thi sina = y,;cosa = x,
b) Khang dinh SATI vi x, <0 thi 90° <& <180°.

1 242

¢) Khang dinh PUNG vi diém M (E —J trén ntta duong tron don vi thi

. 2\2 1 cosx 1
SiIngg =——,C0s¥ =— = cota =— =—F.

3 sina 242
d) Khang dinh PUNG vi sina:&,cosa:—l:cota: 09sa =—— tana——Z\/E nén

3 3 sina 2\/_
22 +——=

tana —cotar 22 2[ 7
tana +cotar 2\/—_ "9’

22

Cho cosazévé 0°<a<90°.

a) tana > 0.

b) sin (90° +a)=£

¢) Giatri tanax = 2\/5.

Page 7

Swu tdm va bién soan



Cau 4:

CHUYEN DE III - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

1+sin’ &
1-sin’ a

d) =1+2tan’ &

Loi giai
| aybing | b)Sai | obing | d)Ping
a) Vi 0° <o <90° nén tane > 0. Viy ménh dé Diing.

b) Ta co: sin(90° +a) = sin(l800 -90° —a) = sin(90° —a) =cosa = % Vay ménh dé Sai

¢)Taco tan’a+1= stan’a+1=9 < tan’ @ =8 < tan o = 22

COS2 (24

Viy ménh dé Ping.

l+sin’a l+sinfa 1 +sin2a

d) Ta co: =tan’ o +1+tan’ @ =2tan’ o +1

l-sinfa  cos’a cos’a costa
Vay ménh dé ding.

Cho sinx:%vé 90° < x <180°.

a) cosx > 0.
3 . 9 « R , -2 2 _94
b) Gia tri cua biéu thitc P =2sin” x —cos x=@.
e 5
¢) Gia tri tanx =—.
12
2
d) Gid trj cua biéu thie 4= 0> _ 2
I+cos"x 313
Loi giai
| a)Sai | b)Ping | oSai | d)Ping

T A A A A e
a) Do 3 <x <7 nén cosx < 0. Vay ménh dé sai.

b) Ta co: c082x=1—sin2x=l—£=&.
169 169
) 25) 144 -94
Do d6 P =2sin* x—cos’ x =2. - =
169) 169 169
Viy ménh dé dung.
¢) Do cosx <0 va coszxzﬂ nén cosx:—E.
169 13
sin x 5
tanx = =——.
cos x 12
Vay ménh dé sai.
d) Ta co:
i 2
_sin’x sin’x 13 25
l+cos’x 1+1—sin’x 5\ 313
I+1—-| —
13
Viy ménh dé ding.

PHAN III Cau tric nghiém tra 161 ngan. Thi sinh tra 1i tir cau 1 dén cau 6.
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Cau 1:

Cau 2:

Cau 3:

Cau 4:

CHUYEN DE III - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

3 sinx—2cosx

4 P S
Cho goc x théa man cotx =—. Tinh gia tri ctia biu thuc: B =— -
3 sin"x cosx+4sinx

Loi giai
Tra loi: 8,65
Ta co:
inx—2 1-2cot
B ‘32 _sinx Cc.)sx=3(1+cot2x)— cotx
sin“x cosx+4sinx cotx+4

2\ 1-2 4
4 3) 415
=31+ =| |- 7] =
3 Y4 48
3
Biét cosa :_71. Gié tri dung ctia biéu thirc P = 4sin” o +8tan’ o 1a:

Loi giai
Tra loi: 27

Tac(')P:4sin2a+8tan2a:4(1—cos2a)+8( 12 —1)
cos’ a

P:4(1—5J+8(4—1):3+24:27

sina+5cosa

sin*a—2cos’ a

Tinh gi4 tri biéu thuc C = khi tana =2. (két qua lam tron dén hang phan tram)

Loi giai
Tra loi: 5,83
sing+5cosa tana(1+tan2a)+5(l+tan2a) 35

C=— 3 3 3 =
sin”" a—2cos” a tan’ a -2 6

2 s a2
., , tan" x—smn" x o, L
Gid st —————=tan" x. Khi do n c6 gia tri la
cot” x—cos™x
Loi giai
Tra loi: 6

2
) 1 . 1—cos“ x 4
, ., osinix| -1 sinfx|——F=| smx oo
tan” x —smn” x COs™ x _ COS" X ) cos?x SIN X sin”x

= = = . =tan® x
cot’ x —cos’x 2 1 , [1-sin’x cos’x cos’x cos’x
cos” x| —5——1| cos’x| —5— —
Sm- x SIn” x Sin- X
Vay n=6.
. Y 2 2 -2 2 2
Tinh gia tri cta biéu thirc sin” a.tan” a+4sin” a—tan" a+3cos” a
Loi giai
Tra loi: 3
Ta co

sin’a.tan’ a + 4sin’ a — tan” a + 3cos* a = sin? a( —lj +4sin’ g —tan’ a + 3cos’ a

COS a

- 2
sinfa . . .

=————sin’ a+4sin’ a —tan” a +3cos’ a =3sin’ a + 3cos’ a = 3.
cos’a
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Cau6: Cho A,B,C 1a ba gbéc trong tam giac ABC. Tinh gia tri cta biéu thic sau:

P:cosz(ISOO—gj—cosz(Mj 5 and2C

+tan —. tan
Loi giai
Traloi: 1
Ta co:
A+B+C=180°<:>A+C=180°—B:cos(%j=cos(180 ”280 _B]=cos(1800—§j
A4BHC oy o ATC oy B L an AT [ 90— B | oot
2 2 2 2
Khi d6: P =cos’ 1800—E —cos? 180 +4+C +tan£.tanA+C
2 2 2
= cos’ 1800—E —cos’ 180°—£ +tan£.cot£:1.
2 2 2 2
---------- HET -
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HE THUC LUQNG
TRONG TAM GIAC

BAIL GIA TRI LUQNG GIAC CUA MOQT GOC TU 0° BEN 180°
PE TEST SO 02

PHAN I. Cau tric nghi¢m nhiéu phwong an lya chon. Thi sinh tra 10i tir cdu 1 dén cau 12. Mdi cau hoi

Cau 1:

Cau 2:

thi sinh chi chon m¢t phuong an.

Trén nira dudng tron don vi cho diém M sao cho xoM = ¢ nhu hinh bén. Tim ménh d¢ dang.
y A

Bl1

M

A’ A

A. cosa >0. B. cosa <0. C. cosa=0. D. cosa=-1.

Trén nira duong tron don vi cho diém M sao cho xoM = ¢ nhu hinh bén. Tim ménh dé ding.

y A
M B |1
O
A.F \ A
-
—1 g 1 e
A. sina >0. B. sina<0. C.sina=0. D. sina=1.

1.2V2

Cho diém M (_E’T] trén nura duong tron don vi. Goi géc o = xOM' véi M' 1a diém déi
xing véi M qua truc Oy . Gia tri lugng giac cua tana 1a

1
A. tang =——. B. tana=2x/§. C. tanoz:2
22

D. tanazﬁ.
9
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2

Cau4: Cho diém M (—7 —j trén nira dudng tron don vi. Goi goc o = XxOM' véi M' 1a diém déi

xing véi M qua truc Oy . Khing dinh nao sau ddy dung?

A. cosa<0. B. cosa >0. C. cota<0. D. tana <0.
Cau5: Rut gon biéu thuc S = cos(90° - x)sin (180°—x)—sin (90° - x)cos(180°—x) ta dugc

A. S=0. B. S=sin*x—cos’x. C.S=2sinxcosx. D.S=I.
Cau 6: Tinh 4 :sin(180°—x)+sin(90°—x)+c05(180°—x)—cos(90°—x).

A. 0. B. 1. C.2. D. 1.
Cau7: Tinh M =tanl°.tan2°.tan3°...tan 89°.

A. 1. B. 2. C. -1. D.%.
Cau8: Tinh 4=c0s10°+c0s30°+c0s50°+...+cos150°+cos170°.

A. 0. B. 2. C. -1. D. 1.
Cau9: Tinh 4=cos*15°+cos® 75°+cos*105°+ cos’165°.

A. 0. B. 1. C.2. D. —1.

) 2 4
sin” x—Ccos” x+cos” x ) .
Cau 10: Cho 4=— — - (00 <x<180° ) Chon ménh d¢€ dung trong cac ménh dé sau.
cos” x—sin” x+sin” x

sin x + cos
A. A=tan’x. B. 4=20XTEOSY ot D. A=cot’x.

S x

Ciau 11: Cho sinx+cosx:%(00 SxSlSOO). Biéu thirc B =|sinx—cos x| bing

3 23 J23 9

A. —. B. — Cc.—. D. —
4 16 4 16
Cau 12: Cho D =cos’10° +cos® 20° + cos® 30° +...+cos* 180" . Chon ménh dé ding trong cdc ménh dé
sau.
A. D=0. B. D=8. C. D=2022. D. D=18.

PHAN II. Céu tric nghiém diing sai. Thi sinh tra 10i tir cdu 1 dén céu 4. Trong mdi ¥ a), b), ¢), d) & mdi
cau, thi sinh chon ding hodc sai.

Caul: Cho sina=% vi1 90° < <180°.

a) Diém M trén nira duong tron don vi phia trén truc Ox sao cho XOM = thi M c6 tung do
1
bang —.
3

22

b) Gid tri cosa = R
¢) Gia tri cota = 242
tana +3cota 25

d)Giatr ———=—.
tan o + cot 9
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Cau 2:

Cau 3:

Cau 4:

CHUYEN DE III - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

1
Cho tana :E véi 0°<a <90°.

a) sin(l80°—a)<0.
b) Gié tri cos(180° —a):i.

J5

¢) Giatri cot’ a =2.
., .. sina+3cosa

d) Gt ——=7

sin@ —cos &

Cho sina :g voi 90° < <180°.

a) cos(180°—a)<0.

b) cosa:—&.
3
¢) cot’ a =8.

Stana +cota

d) 4.

tan o + cota
Cho tana—cota=3

a) A=tan’ a+cot’ a=11.
b) B=tana+cota=+/13.
C) C=tan*a—cot* a=+3313 .
d) D =tan® a—cot® a=36.

PHAN III. Cau tric nghiém tra 1oi ngin. Thi sinh tra 10i tir cdu 1 dén cau 6.

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Cau 6:

Cho hai goc a va £ véi a+ B =180°, tim gié tri cua biéu thirc: P =1—sina sin f+cosa cos
: s S . X . .
Cho sina = e Tinh gié tri bi€u thiic P =2 cos® o —4sin’ a . (két qua lam tron dén hang phan tram)
e L P S —qi .
Cho o« la goc tu va sina = 3 Gié trj cua biéu thirc 4 =sina —2cosa |3

sin x+2cos’ x+1 "
a

Cho géc x thoa man 0° < x <180°va tanx =3, gia tri cua biéu thirc 4 =-— 5 5
3sin” x+cos” x—1
(két qua lam tron dén hang phan trdam)
sina+5cosa
sin’ a—2cos’ a

Cho tam gidc ABC . Tinh gi tri biéu thirc P =sin A.cos(B+C)+cos A.sin(B+C)

Tinh gia tri biéu thuc C = khi tana =2. (két qua lam tron dén hang phan triam)
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HUONG DAN GIAI CHI TIET
PHAN I. Ciu tric nghiém nhiéu phwong an lra chon. Thi sinh tra 10i tir cdu 1 dén ciu 12. Mi cau hoi
thi sinh chi chon mgt phuwong an.

Ciau 1:  Trén nira dudng tron don vi cho diém M sao cho xoM = ¢ nhu hinh bén. Tim ménh dé ding.

y A
Bl1
M
A A
e
-1 o 1 T
A._ B. cosa <0. C. cosa=0. D. cosa=-1.
Loi giai

+) Chiéu diém M 1én truc ox = cosa>0.

Cau2: Trén nira dudng tron don vi cho diém M sao cho xoM = ¢ nhu hinh bén. Tim ménh d¢ dang.

y 4
M B |1
a
A’ \ A
.
-1 o 1 T
A.- B. sina <0. C.sina=0. D. sina =1.

Loi giai

+) Chiéu diém M 1én truc oy =sina>0.

CaAu3: Cho diém M (—%,%J trén nura duong tron don vi. Goi goc o = xOM' v6i M’ 1a diém dbi

xtng voi M qua truc Oy . Gia tri lugng giac cua tana 1a

A. tanazL. B. C. tanazzﬁ_l. D. tanazﬁ.
242 3 9

Loi giai

1.2V2

cosa=% )
Theo bai = M'| —; = | = — tang = 2% _
3 3 22 cosa

3

=22.

sing =

\®)
W | = kl
\®)
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Cau 4:

Cau 5:

Cau 6:

Cau 8:

Cau 9:

CHUYEN DE III - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

2

Cho diém M (—7 —j trén nira dudng tron don vi. Goi goéc o = XOM' véi M' 1a diém dbi

xing véi M qua truc Oy . Khing dinh nao sau ddy dung?

A. cosa<0. B._ C. cota <O0. D. tana <0.
Loi giai
cosa—£>0
Theo bai :>M’(£ %J 2 = tana >0, cota >0.

sina=—2>0
2

Rt gon biéu thire S = cos(90°—x)sin (180° - x)—sin(90° - x)cos (180° - x) ta duoc

A. S=0. B. S=sin’x—cos’x. C.S=2sinxcosx. D.S=1
Loi giai

S =cos(90°—x)sin (180°—x)—sin (90° - x) cos (180° —x)

=sinx.sinx —cosx(—cosx) =sin’ x +cos’ x =1.

Tinh A =sin(180°—x)+sin(90°—x)+cos(180°—x)—cos(90°—x).

A0 B. 1. C.2. D. -1.
Loi giai

A =sin(180°—x)+sin(90°—x)+cos(180° - x)—cos (90°—x)

=Sin X+ COSX—COSXx—Sinx

=0.

Tinh M =tanl1°.tan2°.tan3°...tan89°.

A.I B. 2. C. -1. D.

Loi giai

N | —

Ta c6: tan(90°—a)=cota va tana.cota =1.
Suy ra:

M =tanl1°.tan 2°.tan 3°...tan 89°

= tan1°.tan 2°.tan 3°...tan (90° - 2°).tan (90°—1°)

=(tan1°.cot1°).(tan 2°.cot 2°)...(tan 44°.cot 44°). tan 45°

=1.1.1...1=1.

Tinh 4 =co0s10°+co0s30°+cos50°+...+cos150°+cos170°.

A. 00 B. 2. C. -1. D. 1.
Loi giai

Do cos(180°—a ) =—cosa = cos(180°—a)+cosa =0.

Suy ra:

A =(cos10°+cos170°)+(cos30°+cos150°) +...+ cos 90°

=c0s90°

=0.

Tinh A4 =cos”15°+cos® 75°+cos> 105°+cos*165° .

A. 0. B. 1. c.B D. -1.
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Cau 10:

Cau 11:

Cau 12:

CHUYEN DE Il - TOAN 10— CHUONG Il - HE THUC LUONG TRONG TAM GIAC
Loi giai
Ta co: cosl65° = cos(180°—15°) =—cos15°; cosl105°= cos(180°—75°) =—cos75°.
Suy ra:
A=cos®15°+cos* 75°+ cos® 105° + cos* 165°
=cos’15°+cos’* 75° + (—cos 75")2 +(—coslS°)2
= 2(cos2 15°+cos” 75°)
=2(cos 15°+cos” (90°~15°))
= 2(cos2 15°+sin? 150)
=2,
sin® x —cos” x +cos” x

Cho A=— — — (00 <x<180° ) Chon ménh dé dlng trong cac ménh dé sau.
cos” x—sin” x+sin” x

sin x +cos x
A. A=tanx. B.A=—"—"""_ C.A=cot'x. D. A=cot’x.
sin x
Loi giai
sin? x —cos® x +cos” x
Tacd: A=

cos® x —sin® x +sin* x

sin® x —cos’ x(1—cos*x) sin’x—cos’x.sin’x sin’x(I—cos’x) sin*x tan’
= = = = =tan" x

cos’ x—sin” x(1-sin’ x) cos’x—sin’x.cos’x cos’ x(1-sin’x) cos®x
. 3 0 0 <R , . M
Cho sinx +cosx =Z(0 <x<180 ) . Biéu thuc B = |smx—cosx| bang

J 9
A B. 2. c. D. —.
4 16 4 16

) 3 ) > 9
*smx+cosx:Z<:>(smx+cosx) =

. 2 2 . 9 . 9 . 7
<> sin” x +cos x+2s1nx.cosx:E<:>1+2s1nx.cosx:E<:> 2sIn x.COSx = ——

: . . 7 23 23

Cho D =cos’10” +cos® 20° + cos* 30° +...+cos* 180° . Chon ménh d& dung trong cic ménh dé
sau.
A. D=0. B. D=8. C. D=2022. D. D=18.
Loi giai
Cong thirc 4p dung: sin’ a+cos’ a =1
cos(90° - a) =sina = cos80” =sin 10", cos 70° =sin 20°, cos 60° =sin30°, cos 50° = sin 40"

cos(180° —ar) = —cosa = c0s170° = —cos10°, cos160° = —cos 20°,..., cos100° = —cos 80°

Ta c6: D =cos’10° +cos” 20" +cos* 30" +...+ cos* 180°

=c0s”10° +cos* 20" +...+cos’ 80° +cos” 90” + cos* 100° + ...+ cos” 160° + cos* 170° + cos’ 180°
=¢0s’10” + cos* 20° +...+ cos* 80° + cos* 90° + cos” 80° +...+cos* 20° +cos” 10° +1
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= (cos2 10° +cos® 20° +...+ cos’ 800)+ c0s*90° +1
(
(
(

=2(sin*10" + cos®10° +sin* 20° + cos® 20° +sin* 30° + cos? 30° + sin? 40° + cos? 400)+1

cos® 10° + cos? 20° + cos? 30° + cos® 40° + cos® 50° + cos? 60° + cos? 70° + cos* 80° ) +0+1

2
2
2(cos”10° +cos® 20° + cos” 30° +cos” 40” +sin® 40° +sin” 30° +sin” 20° +sin” 10°)+1
2
2

(1+1+1+1)+1=9

PHAN II. Céu tric nghiém ding sai. Thi sinh tra 10i tir cdu 1 dén ciu 4. Trong mdi ¥ a), b), ¢), d) & mbi

Cau 1:

Cau 2:

cau, thi sinh chon dung hoac sai.

Cho sin« =% vil 90° < <180°.

a) Diém M trén nira dudng tron don vi phia trén truc Ox sao cho XOM =a thi M ¢ tung do
1
bang —.
3

22

b) Gid tri cosa =——.

¢) Gia tri cota = 22
d) Gia tri tana +3cota :E.
tan o +cot o 9
Loi giai
| aybing | b)Sai | obing | d)Ping

a.) Khing dinh dting vi diém M trén nira dudng tron don vi phia trén truc Ox sao cho XOM =«

. 1
co yM=sma<:>yM=§.

b) Vi 90°<a<180° nén €0s@<0 mat khic Sin‘a+cos’@=1 gy ra
coser =—1_sin"@ =— /1—$=—¥

¢.) Vi 90° < ¢ <180° nén cota <0

1 1
——=1+cot’ @ = cotar = —,|—; —1=-22.
sin’ & sin’ &

d.) Vi 90° < ¢ <180° nén tana <;cota <O0.

1 1
Ta co —5—=1+cot’ & = cotar = —, | ——— =22
sin® & sin’ &

1
tana.cota =1 tanag=———.

242

Ta co

. tana+3cota 25
Viy ————— ===
tan o + cot o 9

1
Cho tan(x:E vl 0°<a <90°.

a) sin(1800 —a)<0.
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b) Gié tri cos(180° —05):%.

¢) Gia tri cot’ ¢ =2.

d) Gia trj SmeF3cosa
SiIn o —CoS &
Loi gii
| a)Sai | bSai | ¢Sai | d)Sai |

a) Ménh d& sai vi 0<a<%thi sing >0, ta ¢ sin(180° ~a)=sina > 0.
b) Ménh dé sai
Vi vi O<a<%thi cosa >0

Gia tri cos(1800 —a) =—cosa = —;= —i.

J1+tan’ a \/g

¢) Ménh dé sai cota = =2nén cot’ a = 4.

tan o
d) Ménh dé sai
sin
ot 3
Do cosa # 0 nén £95& anat =-7.
sma tana -1
cosa
Cau3: Cho sinazé vol 90° < ar <180°.
a) cos(180°—a)<0.
b) cosa:—ﬁ.
3
¢) cot’ ax =8.
d) Stana +cota _4
tan o + cot o
Loi giai
| a)Sai | b)Pung | c¢)Ping | d)Ping |

a) Ménh d¢ sai vi 90° <& <180° = cosa <0 ma cos(180°—a)=—cosa >0

b) Ménh dé dung vi 90° < o <180° nén cosa < 0.

Do do:cosa = —/1-sin’a = / 1

¢) Ménh dé dung vi cot’ & = -1= —-1=8.

sin® & (1)2
3

d) Ménh dé sai
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CHUYEN DE III - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

5 1
5tana+cota_Cota+00ta_5+c0t2a_4+Sin2a_9+4_13
T B 1 )
tan o +cot +cotar l+cot” — 9 9
cota sim” a
Cho tana—cota=3
a) A=tan’ a+cot’a=11.
b)B:tana+cota:\/§.
C) C =tan* a—cot* a=+3313 .
d) D =tan® a—cot® a=36.
Loi giai
‘ a) Pung ‘ b) Sai ‘ c¢) Dung ‘ d) bung

a) Ta c6: tana —cota =3<::>(tana—cota)2 =9 tana+cot’a—2=9 = tan’a+cot’a=11
Do do, A dung.

b)Theo céu a), ta c6: A =tan’ a+cot’ a=11< tan® a +cot® a+2.tana.cota=13
<::>(tana+cota)2 =13= tana+cota =+/13 .

Do d6, B sai.

c)Taco: C= tan* a —cot* a :(tan2 a—cot? a)(tan2 a +cot? a)

= (tan a — cot a)(tan a + cot a)(tan2 a +cot? a)= +33413 .

Do do, C dang.

d) Ta co: D =tan® a —cot® a = (tan? @)’ — (cot? a)’
= (tana —cot a)(‘[an2 a+cot? a+ tan a.cot a)=36

Do do, D dung.

PHAN III Cau tric nghiém tra 161 ngan. Thi sinh tra 10i tir cau 1 dén cau 6.

Cau 1:

Cho hai goc a va £ véi a+ B =180°, tim gié trj ciia biéu thirc: P =1-sina sin £+ cosa cos
Loi giai
Tra loi: 0
o . . . _ |sinf=sina

Vi2 goéc a va £ bunhau nén ta co:

cos f=—cosa
Do d6: P=1-sinasina —cosa cosa
P:I—(sin2a+cos2a)
P=1-1=0

. I Y SR . . . .
Cho sina = e Tinh gi4 tri biéu thuec P =2 cos® o —4sin® a . (két qud lam tron dén hing phan trim)

Loi giai
Tra loi: 1,63
sinZOt:L
Do sina=——= 16
4 005205=1—sin205=1—izl—5
16 16
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Viy o2l L1
16 16 8

4 R g \
Cho « la goc tu va sma=§.G1atr1 cta biéu thae 4=sina—2cosa |3
Loi giai
Tra 10i: 2

2
Vi sina:i:cosza :1—sin2a:1—(%) :i

= Ccosa=—.
5
Vay A:i—z.(—E =2.
5 5

sin® x+2cos* x+1 "
a

Cho goc x thoa man 0° < x <180°va tanx =3, gia tri cia biéu thirc 4 = — > 5
3sin” x+cos” x—1

(két qua lam tron dén hang phan trdm)
Loi giai
Tra loi: 1,17
sin® x+2cos’ x+1 B tan® x + 2+ (1+ tan” x) _9+2+(1+9) 7

Taco A=—— > = > = =—.
3sin“x+cos"x—1 3tan"x+1-(1+tan"x) 3.9+1-(1+9) 6

sina+5cosa

sina—2cos’a

Tinh gia tri biéu thuc C = khi tana =2. (két qua lam tron dén hang phan tram)

Loi giai
Tra loi: 5,83
sina +5cosa tana(l+tan2a)+5(1+tan2a) 35
sina—2cos’a tan’ a —2 "6
Cho tam gidc ABC . Tinh gia tri biu thitc P =sin A.cos(B+C)+cos A.sin(B+C)

C=

Loi giai
Traloi: 0
Taco A+B+C=180"= B+C=180"— A4
Do d6: cos(B+C)=cos(180°—A)=—cosA va sin(B+C)=sin(180°—A)=sinA
Vay: P =sin A.cos(B+C)+cos A.sin(B+C)=—sin A.cos A+cos A.sin4=0.
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CHUYEN DE III - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

HE THUC LUQNG
TRONG TAM GIAC

BAI: HE THU'C LUQONG TRONG TAM GIAC
PE TEST SO 01

PHAN I. Cau tric nghi¢m nhiéu phwong an lya chon. Thi sinh tra 10i tir cdu 1 dén cau 12. Mdi cau hoi

Cau 1:

Cau 3:

Cau 5:

Cau 6:

Cau 7:

Cau 8:

Cau9:

thi sinh chi chon m¢t phuong an.
Hinh binh hanh c6 mdt canh 1a 4 hai duong chéo 1a 6 va 8. Tinh d¢ dai canh ké v&i canh ¢6
d6 dai bang 4

A. 34 B. 6. C. V42, D.5.
Tam gidc ABC c¢6 BC =+/5, AC =3 va cotC =-2. Tinh canh AB
A. 2410, B. 26. C. 2. D. 2.
Tinh ban kinh dudng tron ngoai tiép tam gidc 4BC biét AB=10 va tan(4+ B) = % .
A 2O B. 10 c. Jo. D. 510

9 3 5
Tinh ban kinh dudng tron ngoai tiép tam gidc 4BC biét AB =12 va cot(4+ B) = % .
A. 2410 B.@. C. 510, D. 3V2.
Tim chu vi tam gidc ABC, biét ring 4B =6 va2sin A =3sin B =4sinC.
A. 26. B. 13. C. 526 D. 106

. " 1 . :
Cho tam giac ABC c6 AB=AC=2BC =a.Biét Rr= 5 voi R,r lan luogt 1a ban kinh duong

tron ngoai tiép va ndi tiép tam giac 4BC. Tinh a .

A.a=2. B.a=\/§. C.a:\/g. D.\/g.

Cho tam gidc ABC biét do dai ba canh BC, CA, AB lan luot 13 a, b, ¢ va thoa man hé thirc
b(b2 —az) = 0(02 —az) véi b # c. Khi do, goc BAC bang
A. 45°, B. 60°. C. 90°. D. 120°.

Tam giac ABC c6 tong hai goc B va C bang 135° va do dai canh BC banga . Tinh ban kinh
duong tron ngoai tiép tam giac.

A. a3 . B. av/2. C. # D. “22

Tam gidc ABC c¢6A =105°, B=45°, AC =10. Tinh canh AB.
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Cau 10:

Cau 11:

Cau 12:

CHUYEN DE III - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

A. 56 . B. #. C.5J2. D. 102

Cho tam gisc ABC ndi tiép dudng tron ban kinh R, AB= R, AC = R+/2. Tinh goc A biét A
la goc tu.

A. 120°. B. 150°. C.135°. D. 105°.

Tam giac ABC ¢6 AB =16cm, BC = 20cm va dién tich 13 80cm?. Tinh sé do goc B ciia tam giac
ABC.

A. 450, B. 30°. C. 60°. D. 75°.

Cho tam giac ABC vudng can tai 4 va AB = a~2 . Tinh ban kinh duong tron ndi tiép tam giac
ABC.

A. a. B.ﬁa. C. (\/E—l)a. D. la.
2 2

PHAN II. Céu tric nghiém ding sai. Thi sinh tra 10i tir cdu 1 dén ciu 4. Trong mdi ¥ a), b), ¢), d) & mbi

Cau 1:

Cau 3:

cau, thi sinh chon ding hodc sai.
Cho tam gidc ABC ¢6 AB=3,AC =2,A =60". Trén canh BC liy diém M nim giita B va C

a) BC* = AB> + AC* +2AB.AC.cos A.

b) BC=4/7.
c) cosBzg.

d) Do dai AM nhé nhét bing %.

Cho tam gidc AABC ¢6 AC=b=7; AB=c =5 cosA=%.
a) goc A4 1a goc tu.
b) a=42.

] sinA:—i
5

72

d) D6 dai dudng cao ha tir dinh A4 bang -

Cho tam gidc ABC ¢6 AB=2;AC=3;BC=4.

a) Dién tich cta tam giac ABC 1a S # .

ABC =

J15

b) Ban kinh dudng tron ndi tiép cua tam giac ABC 1a r = et
¢) Goi M,N lan luot 1a trung diém cta canh AC va AB.Khi do, S ve <SSz -

24115
23

d) Goi D la diém dbi xtmg cia N qua B. Khi d6, cos NCD =

Page 2

Swu tdm va bién soan



Cau 4:
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Cho tam gidc ABC cantai A ¢6 C=30", BC =3cm.
a) Ban kinh duong tron ngoai tiép cta tam giac ABC1a R = J3.

33 (ont)

b) Dién tich tam giac ABC la =

¢) MB 1 NC 6d6 M,N latrung diém cua AC va AB.

342

d) Trén tia d6i cua tia AC taldy D sao cho BD = Tcm . Khi d6 cos ABD =

-2
2

PHAN III Cau tric nghiém tra 161 ngan. Thi sinh tra 1i tir cau 1 dén cau 6.

Cau 1:

Cau 4:

Ciu 5:

Ciu 6:

Tam giac ABC c6BC =12,CA=9,AB =6. Trén canh BC léy diém M sao cho BM =4. Tinh
d6 dai doan thang AM . (két quda lam tron dén hang phdn tram)

Cho AABCcod AB=2;4C=3 ;K =60°. Tinh d6 dai duong phan giac trong goc A clia tam giac
ABC . (két qua lam tron dén hang phan tram)

Hai chiéc tau thuy cung xuét phat tir vi tri 4, di thidng theo hai huéng tao v6i nhau mot goc 60°
. Tau thtr nhat chay voi tdc 0 30km / h , tau thir hai chay véi tdc 46 40km/ h. Hoi sau 2 gi0 hai
tau cach nhau bao nhiéu km ? (két quda lam tron dén hang don vi).

T haivitri 4 va B cua mot toa nha, nguodi ta quan sat dinh C cia ngon nui. Biét réng do cao
AB =70m , phuong nhin AC tao vé6i phuong nam ngang goc 30°, phuwong nhin BC tao véi
phuong nim ngang goc 15°30". Ngon niii d6 co d6 cao so véi mat dat? (két qud lam tron dén
hang don vi).

C

Cho hinh chit nhat ABCD c¢6 AB =8, 4D =6. Goi P 1a trung diém canh CD va Q la diém thudc
canh BC sao cho OC =20B . Tinh ban kinh dudng tron ngoai tiép tam giac APQ. (két qua lam
tron dén hang phan mieoi)

Mot bac nong dan c6 manh vuon hinh tr gidac c6 mot goc vudng voi kich thude 4 canh la
35m,45m,52m,20m (nhu hinh v€). Hay tinh dién tich ctia manh vuon do (két qua lam tron den

hang don vi).

35m
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HUONG DAN GIAI CHI TIET

PHAN I. Ciu tric nghiém nhiéu phwong an lra chon. Thi sinh tra 10 tir cdu 1 dén ciu 12. M&i cau hoi

Cau 1:

Cau 2:

Cau 3:

thi sinh chi chon mgt phuwong an.
Hinh binh hanh c6 mot canh 1a 4 hai duong chéo 1a 6 va 8. Tinh d6 dai canh ké véi canh co
d6 dai bang 4
A RB4. B. 6. C. J42. D.5.
Loi giai
A B

D C
Goi hinh binh hanh 13 ABCD . Goi E 1a giao diém hai duong chéo. Gia st AD =4.
Xét AADE . Ta co:
2 2 2 2 2 2
cosADE:AD +DE" —AE" 4 +4 -3 23
2.AD.DE 244 32
Xét AABD . Ta co:

AB? = AD? + BD* —2.4D.BD.cos ADB = 4* + & —2.4.8.?—; —34= AB=+/34.

Tam gidc ABC c¢6 BC =+/5, AC =3 va cotC =-2. Tinh canh AB

A. 2410 B. V26. c. N1 D. 2.
Loi gidi
Tir gia thiét cotC =-2,tasuyra C 1a goc ti
cotC:—2:>tanC=_—1:>coszC= 12 _ :i:cosCz—i
1+tan”> C l, 5 J5
1+(=2)
2
AB=~/AC? + BC? —~2AB.BC.cos C =\/32 5 —2.3.\6(—%) =21,
Tinh ban kinh duong tron ngoai tiép tam giac ABC biét AB =10 va tan(A4+ B) = % .
A.@. B.%. C.@. D. 5\/10.

Loi giai

Ta co: tan(A+B)=% nén tanC=—%.

. ) . 1
Do d6 3sinC =—-cosC, ma sin>C+cos’C=1=sinC= =

1 _y1o
Jio 10

,AB R Rr=—2 _sJ10.
sinC
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Cau 4:

Cau 6:

Cau 7:

CHUYEN DE IIIl - TOAN 10 - CHUONG III - HE THUC LUQONG TRONG TAM GIAC
Tinh ban kinh duong tron ngoai tiép tam giac ABC biét AB =12 va cot(A+ B) = % .

A. 2410 B.@. C. 510. D. 34/2.
Loi gidi

Ta co:cot(A4+ B) :% nén cotC:—%, suy ra3cosC =—-sinC.

Ma sin2C+c052C=1:sinC:i:@.
Jio 10
AB AB
—2R=R-= =2410.

sinC 2sinC

Tim chu vi tam gidc ABC, biét ring 4B =6 va2sin A =3sin B =4sinC.

A.26. B. 13. C. 526 D. 10V6.
Loi giai

Vi 2sin 4A=3sin B=4sinC néntacod: 2a=3b=4c=24(do c=AB=6).

Do d6: a=12,b=8,c=6.

Chu vi tam giac 4BC bang 26 .

Cho tam gidc ABC ¢6 AB= AC =2BC =a . Biét R.r =% v6i R,r lan luot 12 ban kinh duong

tron ngoai tiép va noi tiép tam giac ABC. Tinh a.

A.a=2. B.a=42. C.a=+5. D. 3.

Loi giai

_AB+AC+BC Sa

Goi p 5 :T,dién tich tam giac ABC la
S5a( 5a S5a 5a a azx/E
S = —AB)(p-AC)(p-BC)= |—~| =—a|| Z=-a || =-Z|=
JPlr= B p =0 p-B0) = [24{2 g |2 20 2]
aal
Mo 2
Lai oo § = ABACBC 2:a\/EC>R: 2a
4R 4R 16 J15
. aZ\/G S5a ax/g
va S=prs = rer= )
16 4 20
nén R.r=lc>l=2—a.a\/g<:>a2=5<:>a=\/§.
2 72 J15° 20

Vay a=+5.
Cho tam gidc ABC biét do dai ba canh BC, CA, AB lan luot 13 a, b, ¢ va thoa man hé thirc

b(bz—az):c(cz—az) véi b # c. Khi d6, goc BAC bang

A. 45°. B. 60°. C. 90°. D. 120°.
Loi giai

Ta co b(b2 —az):c(c2 —a2)<::>b3 —ba*=c-ca* b’ - -a’ (b—c)=0

c:>(l7—c)(l72+bc+02—az):0<::>b2+c2—a2 =-bc.
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2 2 2
Mit khic cos BAC =2 +€ =4 _~be 1 gae 1200,
2bc 2bc 2
Cau 8: Tam gidc ABC c6 tong hai gbc B va C bang 135° va do dai canh BC banga . Tinh ban kinh

dudng tron ngoai tiép tam giac.

A. a3, B. aV2. C. # Q..
Loi giai
Taco A=180°—135°=45°.
BC _orop=_BC __ 4 _ a2
sin A4 2sin4  2sin45° 2
Cau9: Tam gidc ABC c6A =105°, B=45°, AC =10. Tinh canh AB.
A. 56 . B. #. C. . D. 1042
Loi giai
Ta c6: — _ .c o AB— - b.§1nC _ Ag.51nC _ 10..51n30 _52.
sinB sinC sin B sin B sin45°
Ciu 10: Cho tam gidc ABC néi tiép duong tron ban kinh R, AB =R, AC = R+/2. Tinh géc A biét A
la goc tu.
A. 120°. B. 150°. C.135°. D. 10553
Loi giai
Goc A4 tu,suyra B, C déu la gbc nhon.
Ta cO: — B =2R& _R :2R<:>sinC:l=>E':30°. (vi C nhon)
sinC sinC 2
Tuong t: -2 — 2R & ’?‘E —2R&sinB= V2 — B=45° (do B nhon).
sin B sin B 2

Suy ra: 4 =180°—(30°+45°)=105°.
Céau 11: Tam gidc ABC c¢6 AB =16cm, BC =20cm va dién tich 1a 80cm? . Tinh s6 do goc B cia tam giac
ABC.
A. 450, B. 0% C. 60°. D. 750
Loi giai
1 2.8,5c 280 1

Tacb S, =— AB.BC.sin B=>sin B = = =—=B=30"
2 ABBC 1620 2

Cau 12: Cho tam giac ABC vudng cantai 4 va 4B = a~/2 . Tinh ban kinh duong tron ndi tiép tam giac
ABC.

A. a. B.ﬁa. C. . D. la.
2 2

Loi giai
Tacd: AB=AC =a\2,BC =a2~2 =2a

1 1
Dién tich tam gide ABC 14: S5 =~ AB.AC=—a 2.a\2 =d?
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Nura chu vi tam gidc ABC la: p:a 2+a2\/§+2a =a+a2

2
Ma SMBC:p.r:r:SAABC: 2 :(\/E—l)a

p a+a\/§

PHAN II. Ciu tric nghiém diing sai. Thi sinh tra 10i tir cdu 1 dén céu 4. Trong mdi ¥ a), b), ¢), d) & mdi

Cau 1:

Cau 2:

cau, thi sinh chon ding hodc sai.
Cho tam giac ABC ¢6 AB=3,4AC =2,A =60°. Trén canh BC lay diém M nam giita B va C

a) BC® = AB> + AC* +2A4B.AC.cos A.

b) BC=+/7.
¢) cosB = ﬁ )
189
d) b6 dai AM nho nhat bang 4—9
Loi giai
‘ a) Sai ‘ b) Piing ‘ ¢) Sai ‘ d) Sai ‘

a) Ta cO BC? = AB* + AC* —2AB.AC.cos A, suy ra ménh dé Sai.

b) BC> = AB> + AC* =2AB.AC.cos A=9+4-2.3.2.c0s60° =7 = BC =+/7.

Suy ra ménh dé ding.

AB*+BC*— AC* 9+7-4 27
2ABBC 2347 7

d) V&i M tiy ¥ ndm giita B va C, ta cd

¢) cosB= , suy ra ménh dé sai.

2J_

AM? = AB*> + BM* —2AB.BM .cos B=9+BM* —2.3.BM .——
2
=BM2—MBM+9= BM—6\E +1892189:>AM22@:>AM2 189
7 7 49 ~ 49 49 7

67 67

Dau bang xay ra khi BM——:OQBM:T hay BM=§BC.

Suy ra ménh d¢ sai.
Cho tam giac AABC ¢6 AC=b=7; AB=c=5; cos A :%

a) goc A4 la goc tu.

b) a=42.
¢) sin A=— 4
5
d) Do dai duong cao ha tir dinh A4 bang i
Lm giai
‘ a) Sai ‘ b) Ping ‘ ¢) Sai ‘ d) bung

a) Khing dinh SAI vi cos 4 :% >0= A nhon.
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b) Khing dinh Péing vi a=/b*+¢* —2bccos A = \/72 +5° —2.7.5% =\32=42.

2
¢) Khing dinh SAI vi sin> 4=1—cos’ A:l_(éJ _16

5) 25

sin A = 4 R 4
Suy ra > Vi 0<A<180° nén sinA:§

sind=——

5
B ) . . 1 . 1 4 .
d) Khang dinh DUNG vi S =5bc sin A :5.7.5.§ =14 ma
S:la.ha @14:1.4\/5.@ = =£.
2 2 2
Cau 3: Chotam gidc ABC ¢6 AB=2;AC=3;BC=4.
a) Dién tich cua tam giac ABC 1a S, = # .
b) Ban kinh duong tron ndi tiép ctia tam giac 4BC 1a r = @ .
¢) Goi M, N lan luot Ia trung diém ctia canh AC va AB.Khido, S, <S ;.
d) Goi D Ia diém déi xtimg ctia N qua B. Khi do, cos NCD = 2 ”21315 .
Loi giai
| ayPing | b)Sai | ¢)Sai | d)Ping |
A
N M
B C
D
a) Dién tich cua tam giac ABC 1a S, = # .
, 315
Ta ¢o: S,c =+/p(p—A4B)(p—AC)(p-BC) ==
Vay khing dinh A dung.
b) Ban kinh duong tron ndi tiép ctia tam gidc 4BC 1a r = @ .
Tacd: S,y =pr=r= Sanc :\/E # \/E
p 6 5
Vay khang dinh B sai.
c) SANC < SAMB :
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1 )
 Spe EAN.AC.smBAC AN 1 _l
Ta co: =7 — =S, ==S -
Sinc , AC.AB.sin BAC 4B 2 2

1 )
— AM .AB.sin BAC
B _AM 1 1

S 2
Tuong tu: = =S =S upc -
S isc ;AC.AB.sin Fic AC 2 2

Khi do: S,ve =S 5 -
Vay khang dinh C sai.
24115

23
Taco: ND=2NB=2= AD =3.

d) cos NCD =

Ta co: BC? = AB* + AC> —2AB.AC.cos BAC = cos BAC = —%.

Ta cd: CD* = AD* + AC*-2.AD.AC. cosBAC:>CD—3\/7
2(CA* +CB*)— AB*
Tacod: CN? = ( 7 ) :CN:E
—— 24115

Ta c6: DN* = CN? +CD* —2CN.CD.cos NCD = cos NCD =

23
Viy khing dinh D diing.

Cho tam giac ABC cantai A co C= 30", BC=3cm.
a) Ban kinh dudng tron ngoai tiép ctia tam giac ABC1a R = J3.

V3

b) Dién tich tam gidc ABC la e ()

¢) MB L NC ¢ d6 M,N latrung diém cua AC va AB.

32 . — J6-2
2 4

cm . Khi @6 cos ABD =

d) Trén tia d6i cua tia AC taldy D sao cho BD =

Loi gidi
‘ a) Ding ‘ b) Sai ‘ ¢) Sai ‘ d) Pung ‘
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B

D A C
+) Do tam gidc ABC can tai 4 nén B=C=30 = A=120".
Theo dinh li Sin ta c6: R = —2¢  — 3 __ . Vay A dung.
2sin A ) J3
"2

+) Theo dinh i Sin ta c6: AB=2R.sinC =2+/3.5in30 = 2.@% =J3=4C=43.

Dién tich tam gidc ABC la: § = %AB.AC. sin A = %\/gx/gg = %(cmz) . Vay B sai.

+) Do tam gidc ABC cantai Anén BM =CN .
Ap dung cong thirc duong trung tuyén ta duoc:

BC2+ABZ_AC2:32+(*/§)2 (\5)2 21

BM?* =CN* = — =

2 4 2 4 4
éBM:CN:g
Goi G la trong tdm tam gidc ABC . Suy ra: GB = GCz%BM :%.%:%.

Xét tam gidc GBC ta thay: GB*> +GC* = %2 = BC? nén GB khong vuong goc GC . Hay C

sai.

+) Xét tam giac ABD c6 DAB =60,

Ap dung dinh 1i Cosin vao tam giac ABD co:
BD? = AB® + AD* —2.AB.AD.cos BAD

<:>3+AD2—2.\/§.AD%:§

& 24D —2/3.AD—-3=0
up_3+3 (t/m)

- 2

3

AD = T_3 (/ehéngt / m)
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349 6433

——— 2 2 2 Z B

Ta c6: cos ABD = 4B ;_jJI;BDAD ___ 2 . 22 _ N6 4\/2 .
o 2.x/§.7“

PHAN III. Cau tric nghiém tra 1oi ngin. Thi sinh tra 10i tir cdu 1 dén cau 6.
Caul: Tam gidc ABC cOBC=12,CA=9,4B=6.Trén canh BC liy diém M sao cho BM =4. Tinh
d6 dai doan thang AM . (két qua lam tron dén hang phan trim)
Loi giai
Tra 1oi: 4,36

12

Ap dung dinh li cosin trong tam giac ABC ta cd
AC? = AB* + BC* —2.AB.BC.cos B suy ra
AB*+BC*-AC* _ 6°+12°-9" 11
24BBC 2612 16
Ap dung dinh li cosin trong tam giac ABM ta c6

cos B =

1

AM? = AB> + BM? =2 AB.BM .cosB = AM = \/62 +4° —2.6.4.% =19 ~4,36.

Cau2: Cho AABCcb6 AB=2;AC=3 ;/1 =60°. Tinh d6 dai duong phan giac trong goc A4 cla tam giac
ABC . (két qua lam tron dén hang phan tram)
Loi giai
Tra loi: 2,08

Goi M la chan duong phan gidc goc 4
Tacé BC? = AB*+ AC* —2A4B.AC.cos A=7= BC =+1.

27

Suy ra BM =T.
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Cau 3:

Cau 5:

CHUYEN DE III - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

Ap dung dinh 1y cosin trong tam giac ABM ta duoc:
AB*>+BC* - AC* 108
2.4B.BC 25°

AM? = AB* + BM?* =2 AB.BM .cos ABC = AB> + BM* -2 AB.BM .

63

:>AM=Tz2,08.

Hai chiéc tau thuy cting xuét phat tir vi tri 4, di thiang theo hai huéng tao v6i nhau mot goc 60°
. Tau thir nhat chay véi tdc do 30km/ , tau thir hai chay véi toc do 40/km /h. Hoi sau 2 gid hai
tau cach nhau bao nhiéu km ? (két qud lam tron dén hang don vi).

Loi giai
Tra loi: 72
Ta c6: Sau 24 quing duong tau thir nhat chay duogc 1a: S; =30.2 = 60 km.
Sau 24 quang duong tau thir hai chay dugc la: S, =40.2 =80km.

Vay: sau 24 hai tau cach nhau la: §= \/S12 +8,2 —25,.5,.c0s60° =204/13 = 72.

T hai vitri A va B cia mdt toa nha, nguoi ta quan sat dinh C cua ngon nui. Biét rr:ing do cao
AB = 70m , phuong nhin AC tao vé6i phuong nam ngang goc 30°, phuwong nhin BC tao véi
phuong nam ngang goc 15°30". Ngon nui d6 c6 d6 cao so v&i mat dat? (két qua lam tron dén
hang don vi).

Loi giai

Tra loi: 135
Tir gia thiét, ta suy ra tam giac ABC ¢6 CAB = 60°, ABC =105°30' va ¢ = 70.
Khido A+ B+C=180° < C =180° —(2+1§):180° —165°30" = 14°30’,
Theo dinh li sin, ta co ,b = _C hay — b ST = 700 ;
simB sinC sin105°30° sin14°30
70.sin105°30’

Do ddo AC=b=——- o ~=269,4 m.
sin14°30
Goi CH la khoang cach tir C dén mit dat. Tam gidc vuong ACH c6 canh CH d6i dién véi goc
30° nén CH:AZ—C:#:IMJ m.

Vay ngon nui cao khoang 135 m.
Cho hinh cht nhat ABCD ¢6 AB =8, 4D =6. Goi P 1a trung diém canh CD va Q la diém thudc
canh BC sao cho OC =20B . Tinh ban kinh duong tron ngoai tiép tam giac APQ. (két qua lam
tron dén hang phan muoi)
A.@. p. A& C. 4/2. D.ﬁ.
2 -5 2
Loi giai
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Tra loi: 4,2

A B
Q
D P c

Ta ¢6: S, cp = AB.AD = 6.8 = 48

AD=6,DP=4=35, . =%.6.4=12

PC=4,C0=4= 5., :%.4.4:8

BO=2,BA=8=5,,,, :%.2.8:8

Dién tich tam giac APQ1a: S, ,p, =Sy ipcn = (Saupp + Sarco + Saso) =20

Bén kinh duong tron ngoai tiép tam giac APQ la:

R APPOOA 213422417 442 _
4.8 4pp 4.20 5

Mot bac nong dan c6 manh vuon hinh tr gidac c6 mot goc vudng voi kich thude 4 canh la

35m,45m,52m,20m (nhu hinh v€). Hay tinh dién tich ctia manh vuon do (két qua lam tron den

4,2

hang don vi).

35m

45m
Loi giai
Traloi:1306
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D

52m

35m

-

B 45m (o}
Goi manh vuon hinh tr giac 1a ABCD.
Ta co: AC =~/35% +45% = 54130

1 1 1
Dién tich tam gigc ABC 1a: S50 == AB.BC =—.35.45 = ﬂ(mz)

~20+52+54130  72+54/130
2 2

Dién tich tam gidc ADC la: S, = \/p(p -20)(p—52)(p—-5V130) = 518,7(m2)

Nua chu vi tam giac ADC 1a p

Vay di¢n tich manh vuon 1a 8 =S, 5 +Sypc = 1306(m’)
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CHUYEN DE III - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

HE THUC LUQNG
TRONG TAM GIAC

BAI: HE THU'C LUQONG TRONG TAM GIAC
PE TEST SO 02

PHAN I. Cau tric nghi¢m nhiéu phwong an lya chon. Thi sinh tra 10i tir cdu 1 dén cau 12. Mdi cau hoi

Cau 1:

Cau 6:

Cau 7:

Cau 9:

Cau 10:

thi sinh chi chon m¢t phuong an.
Cho tam gidc ABC ¢6 cac goc B=120°,C =40°, canh BC =5cm . Tinh do dai canh AB (lam
tron két qua dén hang don vi).

A. Tem. B. 8cm . C. 9cm. D. 10cm .
Cho AABCc6 a=4,c= 5,§ =150°. Dién tich cua tam giac la:
A. 53 B. 10. C.5. D. 10./3.
Tinh dién tich tam gidc ABC biét AB=3,BC=5,CA=6.
A. 56. B. V/48. C.6. D. 8.
Cho tam gidc ABC ¢6 AB=3, AC =4, BC =5.Ban kinh duong tron ndi tiép tam giac bing?
4
A.§. B. —. C.i. D. 1.
9 5 4

Cho tam gidc ABC c6 b=T7;c=5;cos 4 :%. D0 dai duong cao h, cua tam gidc A ABC 1a?

TN2
A. 8. B.T*/_. C. 8/3. D.7.
Cho tam giac ABC 4 BC=a ,AC =b , AB=c, Béng thirc nao sai?
A. b* =a*+c* —2accos B B. o> =b*+c¢* —2bccos A.
C.c*=b*+a*+2abcosC. D. ¢* =b*+a*—2abcosC.
Cho A4BC o p=6,c=8,4=60". Do dai canh ¢ 1a.
A. 2413, B. 3W/12. C. 2437. D. 720.
Cho tam giac 4BC ¢o a* +b*=c* >0 Kpj do:
A. C>90° B. C<90°
C. C=90" D. Khong thé két luan duogc gi vé C .

Cho tam giac ABC véi BC=7cm,AC=9cm’ AB=4cm Tinh cos 4
A. cosAz—E. B. cosAzl. C. COSAZl. D. cosA:g.
3 2 3 3

Cho tam gidc ABC v6i BC =a, AC =b, AB = ¢ . Khang dinh nio sau ddy dung?
A. a=2Rcos 4. B. a=2Rsin 4. C.a=2Rtan 4. D. a=Rsin 4.
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Cau 11:

Cau 12:

CHUYEN DE III - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

Cho tam gidc ABC c6 B= 45°, canh AC =2+/2 cm. Bankinh R cia duong tron ngoai tiép tam
gidc ABC bang

A. R=1cm. B. R=2cm. C. R=4cm. D. R=3cm.

Cho tam gidc ABC ¢6 goc B=60",C =45", canh 4B =4 . Tinh d0 dai canh AC.

A. 246 B.@. c.@. D.%.

PHAN II. Céu tric nghiém ding sai. Thi sinh tra 10i tir cdu 1 dén ciu 4. Trong mdi ¥ a), b), ¢), d) & mbi

Cau 1:

Cau 4:

cau, thi sinh chon dung hoac sai.
Cho AABC, c6 dién tich biang 12+/3, canh AB =6, BAC =120".
a) C6 BC* = AB* + AC> —2AB- AC -cos B.
b) Do dai canh BC =2+/37 .
3111
2

¢) Ban kinh dudng tron ngoai tiép A4BC 1a ——

25
d) D6 dai chan duong phan giac trong goc 4 cuia AABC c6 do dai la =

Cho tam gidc ABCcé AB=15, AC=20 vi BAC=60°. ( Két qua lam tron dén hang don vi).
a) BC=18

b) ABC=75°

¢) S=129

d) 2R—5r <0 ( Voi R,r1an luot 12 ban kinh dudng tron ngoai tiép, noi tiép tam giac ABC)

~

Cho tam gidgc 4BC ¢ BC =12(cm), AC =15(cm), C=120",

a) AB> = AC* +CB* +2BC.AC.cosC..

b) 4=26".

¢) Do dai duong cao ha tir C cua tam gidc 1a CH =6,65(cm).

d) B9 dai duong phan gidc trong ha tir C 1a CD 16n hon 7(cm).

(cdc d¢ dai doan thang lam tron dén hang phan tram va sé do goc lam tron dén don vi dg)

Hai tau dénh c4 xuét phat tir cang A4 lac 8h, tau thir nhit di theo huéng S T0°E vsi van toc
50km/h  Tau thir 2 di theo huéng N 40°E vei van tbc 55km/h Pi duge 75 phut thi dong co
c111a tau thtr nhat bi héng nén tau trdi tw do theo hudng nam véi van tde 7km/h  Sau 1h30 phut
ke tir khi dcfn‘lg co bi hong, tau d6 neo d?u duoc vao m(f)t’hc‘)n dao. ‘

Céac ménh dé sau dung hay sai? ( cac két qua lam tron dén hang phan chuc).

a) Quang duong ma tau thir nhat di dugc sau 75 phut ké tir khi xuat phat 1a 62,5 (km).

b) Khoang céach giita hai tau tai thoi diém tau thi nhat bi hong 14 107,6 (km)

¢) Lic 10 gid 45 phat tau thi nhit cach vi tri xuat phat khoang 59,7 (km)

d) Hudng tir cang A téi dao noi tau thi nhat neo dau 1a S61,5 E
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PHAN III. Cau tric nghiém tra 1oi ngin. Thi sinh tra 10i tir cdu 1 dén cau 6.
Cau 1: Dé xé4c dinh ban kinh cta chiéc dia ¢6 hinh tron bi v& mot phan, cac nha khao cb ldy ba diém
A,B,C trén vanh dia va tién hanh do dac thu duoc két qua nhu sau: canh AB~9,5cm,

ACB ~ 60°. Ban kinh cta chiéc dia 1a (két qua lam tron dén hang phan muwoi)

BE

A

Cau 2: Goi Sladién tich mot canh budm hinh tam giac. Biét canh budm d6 co6 chiéu dai mot canh 1a 3,2
m va hai goc k& canh d6 c6 sé do 1a 48°va 105°. Khi d6 S bang. (két qua lam tron dén hang
phd‘n muoi)

Cau 3: Mot nguoi quan sat dinh cua mdt ngon nui nhan tao tir hai vi tri khac nhau cua toa nha. Lan dau
tién ngudi d6 quan sat dinh nii tir ting trét voi phuong nhin tao v6i phuong nam ngang 35° va
lan tht hai ngudi nay quan sat tai sin thuong cia cing tdoa nha d6 véi phuong ndm ngang 15°
(nhu hinh v&). Tinh chiéu cao ngon nui biét rang toa nha cao 100m (két qua lam tron dén hang

don vi).
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Ciu 4:  Mudn do chiéu cao ctia mot ngon thap, ngudi ta 1y hai diém A, B trén mat dat co khoang cach
AB = 12m cung thang hang véi chan C' cla thap dé dat hai giac ké. Chan ciia hai giac ké c6
chiéu cao h = 1,2m. Goi D 1a dinh ctia thép va hai diém A, B, clng thang hang véi C, thude

chiéu cao CD cua thap. Nguoi ta do dugc DAC, = 490,1735151 = 35°. Tinh chiéu cao CD ciia

thap. (két qua lam tron dén hang phan miroi)
= n

4% 35
c 4, B,

1.2 m

c A 1Zm B

Cau5:  Trén ban d0 dia Iy nguoi ta thuong goi tir gidc v6i 4 dinh 1an lugt 14 cac thanh phd Ha Tién, Chau
Péc, Long Xuyén, Rach Gia 1 tir giac Long Xuyén. Dua vao cic khoang cach di cho trén hinh
v&, tinh khoang cach giita Chau Ddc va Rach Gia. (két qua lam tron dén hang phan muwoi)

Chiu Bbc

Ha Tién Long Xuvén

Rach (Gid

Ciu 6:  Nguoi ta xdy mot san khau véi san c6 dang cta hai hinh tron giao nhau. Ban kinh cta hai hinh
tron 1a 20 m va 15 m. Khoang cach giita hai tdm cta hai hinh tron 1a 30 m. Chi phi lam mdi
mét vudng phan giao nhau ctia hai hinh tron 13 300 nghin déng va chi phi 1am mdi mét vuong
phan con lai 1a 100 nghin dong. Hoi s6 tién lam mat san khau 1a bao nhiéu triéu dong?
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HUONG DAN GIAI CHI TIET
PHAN I. Ciu tric nghiém nhiéu phwong an lra chon. Thi sinh tra 10i tir cdu 1 dén ciu 12. Mi cau hoi
thi sinh chi chon mgt phuwong an.
Caul: Cho tam gidc ABC c6 céc goc B =120°,C=40°, canh BC =5cm . Tinh d6 dai canh AB (lam

tron két qua dén hang don vi).

A. Tem. B. 8cm. C. 9cm. D. 10cm.
Loi gidi

Xét tam gidc ABC ta cd: A=180"—120° —40° = 20°

Theo dinh Iy sin ta c6 2= BC _ 4p- BCSMC _5snd0 o)

sinC sin A4 sin A sin 20
Cau2: Cho AABCcb a=4,c=5,B =150". Dién tich cia tam giac 1a:

A. 53, B. 10. C.5. D. 103 .

Loi gidi

Ta co: Syypc =%a.c.sinB =%.4.5.sin1500 =5.

Cau 3: Tinh dién tich tam gidc ABC biét AB=3, BC=5,CA=6.

A. \56. B. v48. C.6. D. 8.
Loi gidi
, AB+AC+BC 3+5+6
Taco: p= = =7.

2 2
Vay dién tich tam giac ABC la:
S=\p(p-4B)(p-AC)(p-BC)=7(7-3)(7-6)(7-5) =+/56.
Cau4: Cho tam gidc ABC c6 AB=3, AC =4, BC =5. Ban kinh dudng tron ndi tiép tam giac bang?
8 4 3

A, —. B. —. C. =. D. 8
9 5 4
Loi giai
Vi AB* + AC* = BC* nén tam giac ABC vudngtai 4.
’ g lAB.AC 3.4
Do d6 ban kinh duong tron ndi tiép r =—= 7 2 =—=1.
P (4B+AC+ BC) 3+4+5

Cau5: Cho tam gidc ABC c6 b=7;c =5;cos A :%. D¢ dai duong cao h, cua tam gidc A ABC 1a?

A. 8. 5.%. C. 83, D. 7.
Loi giai

a=+b* +c* —2bccos A =\/72 +52 —2.7.5% —32=42.

3 16 ~ 4
sin2A=l—cos2A=l—(§j =2—5.Suyra > Vi 0<4<180° nén sinAZE.
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CHUYEN DPE IIl - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

S=tbesind=L752 14 ma s=Lan o14=Lavin o V2
2 2 5 2 2 2
Cho tam giac ABC 4 BC=a ,AC = b, AB=c Déng thirc nao sai?
A. b* =a’ +c¢*> —2accos B B. a’> =b* +¢* —2bccos A.
C. ¢ =b*+a* +2abcosC. D. ¢® =b* +a> —2abcosC.

Cau 7:

Cau 8:

Cau 9:

Cau 10:

Cau 11:

Cau 12:

Loi giai
Theo dinh 1i ham sé cosin, ¢ = 5> +a® —2ab cos C nén dap an C sai.
Cho AMBC ¢4 b=6,c=8,4=60". Do dai canh ¢ 1a.
A 2413, B. 3V12. C. 2437 D. +/20.
Loi giai
Ta co: a® =b> +c* —2bccos A =36+64—2.6.8.cos60° =52 = a =24/13 .
Cho tam giac 4BC ¢o @ +b* = >0 Khj do:
A. C>90° B. C<90°
C. C=90" D. Khong thé két luan duoc gi vé C.
Loi giai
a>+b>-c?
2ab
Ma: a® +b* -c* >0 suy ra: cosC>0= C<90°.
Cho tam gidc ABC voi BC=Tem AC=9cm AB=4cm Tiny o5 4

A. cosA:—g. B. cosA:l. C. cosA:l. D.
3 2 3 -

Ta co: cosC =

Loi giai
, AB’+ AC*-BC* 4 +9°-7" 2
Taco cos4 = = ==
2.AB.AC 249 3
Cho tam giac ABC v6i BC =a, AC =b, AB = ¢ . Khing dinh nao sau day ding?
A. a=2Rcos 4. E._ C.a=2Rtan 4. D. a=Rsin4.
Loi giai

Ap dung dinh 1y sin trong tam gidc ABC c6:

a b ¢ _2R=a=2Rsina

sind sinB sinC
Cho tam giac ABC c6 B= 45°, canh AC =22 cm. Bankinh R cta dudng tron ngoai tiép tam
gidc ABC bang

A.R=lcm. B. R=2cm. C. R=4cm. D. R=3cm.

Loi giai
Ap dung dinh 1y sin trong tam gidc ABC c6:
1,4C =2R=R= A_C = 2\/5 =2 (cm).
sin B 2sin B 2sin45°

Cho tam gidc ABC ¢6 goc B =60",C =45, canh 4B =4 . Tinh d0 dai canh AC.

A.. g Yo o He b, 36
2 3 4

Loi giai
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. . 0
Theo dinh ly sin ta co AC _ 43 = AC = AB"SIHB = 4.§1n 6(3 =26
sinB  sinC sinC sin45

PHAN II. Cau tric nghiém ding sai. Thi sinh tra 10i tir cdu 1 dén ciu 4. Trong mdi ¥ a), b), ¢), d) & mbi

Cau 1:

cau, thi sinh chon dung hoac sai.
Cho AABC, c6 dién tich béng 12\/5 ,canh AB = 6,]54\(7 =120°.
a) C6 BC* = AB* + AC> —2AB- AC -cos B.
b) Do dai canh BC =2+/37 .
3\/7

¢) Ban kinh duong tron ngoai tiép A4BC 1a ——

25
d) Do dai chan duong phan giac trong goc 4 ctia AABC c¢6 dd dai la =
Loi giai
| a)Sai | b)Pung | ¢)Sai | d)Sai |
a) Ta c6: BC> = AB” + AC* —~2AB- AC-cos A suy ra ménh d& sai
b) Ta cb: BC> = AB* + AC* —24B- AC -cos A

S =%AB.AC.sinA:>%~6-AC=12\/§:> AC=8.

= BC*=6"+8"—2-6-8-c0s120° =148
— BC =237 suy ra ménh dé ding
¢) Ban kinh dudng tron ngoai tiép tam giac ABC:

AB-AC-BC AB-AC-BC 6-8-2-4/37 24111 NP
Spec=—""T""""=>R= = = suy ra ménh dé sai
4-R 4S e 4-12/3 3
d)
A
f
/N
AN
/| \
S
s I "\
/; |
/N
/ [ \
B Tl C
Goi M la chan duong phan giac goc 4
, BM AB 3
Tac) —=—+=—
CM AC 4
3 50 6V37

Suyra BM == BC =
7 7

Ap dung dinh 1y cosin trong tam giac ABM ta dugc:

2 2 2
AM? = AB* + BM* —2AB.BM .cos ABC = AB* + BM* -2 AB.BM. AB +BC —AC" _ 576 )
2.AB.BC 49
24 .
= AM = ER suy ra ménh d¢ sai.
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Cau 2:

Cau 3:

CHUYEN DE III - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

Cho tam gidc ABCcd AB=15, AC=20 va BAC=60°. ( Két qua 1am tron dén hang don vi).
a) BC=18

b) ABC=75°
¢) S=129
d) 2R—5r <0 ( Voi R,r1an luot 12 ban kinh dudng tron ngoai tiép, noi tiép tam giac ABC)
Loi giai
| a)ybing | b)Sai | ¢oSai | d)Ping

a) Dung
Ap dung dinh 1i Césin trong tam giac ABC, ta c6
BC*>=AB*> 4+ AC* —2.4B.AC .cos A =15 +-20> —2.15.20.cos 60°=325
Do d6 BC=+/325~18
b) Sai
Ap dung dinh i Césin trong tam gidc ABC, ta cd
AC? = AB* +BC?* —2.4B.BC .cos B
AB*+BC*—AC® 15 +18°—20" 149
2.AB.BC  215.18 540

< cos B =

Do d6 ABC ~74°
c) Sai
Di¢n tich tam gidc ABCla

S:%AB.AC.sinB/AE‘:%.IS.ZO.sin600:75\5%130

d) Dung
Ap dung dinh 1i Sin trong tam giac ABC, ta c6
2R=—E_
sin BAC
o R— BC/\: \/.325 _ [325
2.sin BAC  2.sin60° 3
b
g rlatb+e) 2.8 27503 49
2 at+b+c 15+4+325+20

Nén 2R—5r <0.

Cho tam giac 4BC ¢ BC =12(cm), AC=15(cm), € =120",
a) AB> = AC* +CB*> +2BC.AC.cosC .

b) 4=26".

¢) Do dai dudng cao ha tir C cua tam gidc 1a CH =6,65(cm).
d) B9 dai duong phan giac trong ha tr C 1a CD 16n hon 7 (Cm).

(cdc d dai doan thang lam tron dén hang phan tram va sé do goc lam tron dén don vi do)
Loi giai
| a)Sai | b)Ping | oPing | d)Sai |
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C 15
A
12 D
B
a) Saivi AB* = AC* +CB* —2BC.AC.cosC .
b) Pung. Ta c6

AB? = AC* + CB* - 2BC.AC.cosC < AB* =12* +15* =2.12.15.¢c0s120°

AB* =549 <& AB =~/549 =361 .

. O
Ap dung dinh 1y sin, ta c6 BC 43 =sinAd= 1251207 _ 283 = A~26°.(vigoc C tu
sind sinC 3\/a 61

nén goc A nhon).
. . s A L CH .
¢) Pung. Xét tam giac vudng AHC co sin 4 = A = CH =AC.sin A~ 6.65.

d) Sai.

Goi D la chan dudong phan giac trong, ta co

AD _AC 5 yp=2Bp= ap=23J61=2Y" 561

BD CB 4 4 9 3

Ap dung dinh 1y sin trong tam giac 4CD ta c6 CD = .AD = CD = M =6,67<7.
sin4  sin60° sin 60°

Hai tau dénh c4 xuét phat tir cang A4 lac 8h, tau thir nhit di theo huéng S T0°E vsi van toc
50km/h  Tau thir 2 di theo huéng N 40°E vei van tbc 55km/h Pi duge 75 phut thi dong co
ctia tau thtr nhat bi hong nén tau tréi tu do theo hudéng nam véi van toc 7km /h . Sau 1430 phut
ké tir khi dong co bi hong, tau d6 neo dau dugc vao mot hon dao.

Céac ménh dé sau dung hay sai? ( cac két qua lam tron dén hang phan chuc).

a) Quang duong ma tau thr nhat di dugc sau 75 phut ké tir khi xuat phat 1a 62,5 (km).

b) Khoang céach giita hai tau tai thoi diém tau thi nhat bi hong 14 107,6 (km)

¢) Luc 10 gios 45 pht tau tht nhit cach vi tri xuét phat khoang %7 (km)

d) Hudng tir cang A téi dao noi tau thi nhat neo dau 1a S61,5 E
Loi giai
[ a)ybing | b)Sai | oSai | d)Ding |

Page 9

Swu tdm va bién soan



CHUYEN DE III - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

a)Ta goi B 1a noi tau thir nhat bi hong, C 14 cang neo dau, D 1a vi tri ctia tau thi 2
tai thoi diém tau tha nhat bi hong.

Péi 75 phat =125 giy

Quang duong ma tau thir nhat di duge sau 75 phuat ké tir khi xuét phat 1a

S, =4B=1,25.50=62,5 (km)
b) Khoang cach gitta hai tau tai thoi diém tau thir nhat bi hong 1a
Quang dudng ma tau thir hai di duoc sau 75 phut ké tir khi xuét phat 1a
S,=4D=1,25.55=68,75 (km)
Ban déu tau thir nhét di chuyén theo hudéng S 70°E nén BAS =70 , tau thu 2
di chuyén theo husng N40 E nan NAD =70’

— BAD =180" —(SAB + DAN) =180 — (70" +40") = 70°

Khoang cach gitra hai tau bang do dai doan thiang BD .

Ap dung dinh 1i cosin cho tam giac BAD ta duoc

BD? = AB> + AD* —2- AB- AD -cos BAD

=62,5" +68,75° —2-62,5-68,75-cos 70’ ~ 5693,6

Suy ra BD =/5693.6 ~75,5(km)

¢) Luc 10 gio 45 tau thir nhat da di dugc 2 gio 45 phut. Tac khi d6 tau thir nhat
da neo dau dugc vao dao €. Khi d6 tau thi nht cach vi tri xuét phat bang AC

N

s

Trong tam gidc 4BC ta co ABC =180 —BAS =110
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Ap dung dinh li cosin cho tam giac ABC duoc: AC* = AB* + BC* -2A4B.BC cos B
AC? =62,5° +10,5" -2.62,5.10,5 . cos110” ~ 44654 = AC ~ 66,8

Luc 10 gi 45 tau thir nhét cach vi tri xudt phat khoang 008 km.

d) Xac dinh hudng tir cang A t61 ddo noi tau neo dau.

Theo so dd, hudng tir cang A t6i dao noi tau neo dau la SQ°E véi a’=CAS

Ap dung dinh i sin cho tam giac ABC 4 co:
BC AC AB . BC-sinB
—=——=——=sind=——

sin4d sinB sinC AC

Ma B=110"; 4C = 66,8; BC =10,5.

10,5-sin110°

66,8

=a ~70 -8,5 =615

= sin A = z:>21z8,5°(d021<90°)

Vay hudng tir cang A tdi ddo noi tau neo dau la S6L5 £

PHAN III. Cau tric nghiém tra 1oi ngin. Thi sinh tra 10i tir cdu 1 dén cau 6.

Cau 1: Dé xéac dinh ban kinh cta chiéc dia ¢6 hinh tron bi v& mot phﬁn, céc nha khao ¢ léy ba diém
A,B,Ctrén vanh dia va tién hanh do dac thu duoc két qua nhu sau: canh AB~9,5cm,
ACB ~ 60°. Ban kinh ciia chiéc dfa 1 (két qua lam tron dén hang phan muwoi)

B

A
Loi giai
Tra loi: 5,5
Ap dung dinh 1y sin trong tam giac ABC, ta co
AB g p=_AB 93
sinC 2sinC  2sin60°
Cau2: Goi Sla dién tich mot canh budm hinh tam gic. Biét canh budm dé c6 chiéu dai mot canh 1a 3,2

~ 5,5 (cm)

m va hai goc ké canh do c6 sb do 1a 48°va 105°. Khi d6 S bang. (két qua lam tron dén hang
phan muoi)
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CHUYEN DPE IIl - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

Loi giai

Tra loi: 8,1
Goi tam giac ABCcd A =48°, B =105°, 4B =3,2. Khi do dién tich cta tam gidc ABC la dién

tich cia canh budm can tim.

Ap dung dinh 1y sin trong tam gidc 4BC, ta cé: AC,'\ = A]i
sinB  sinC

ABsinB  32sin(10s°)  3.2:sin(105°)

ne AC=T e sin(180° -48°-105°)  sin(27°)

Suy ra dién tich cia tam giac ABC la:
1 . 1 3,2.sin(105°)
S=—AB.AC.sin(48")= —.3,2._—(0).sm(48°) ~8.095.

2 2 sm(27 )

Vay dién tich ctia canh budm xap xi 1a 8,095m?.
Mot nguoi quan sat dinh cia mot ngon nai nhén tao tir hai vi tri khac nhau cta toa nha. Lan dau
tién nguoi d6 quan sat dinh nui tir tang trét véi phuong nhin tao véi phuong nam ngang 35° va
lan thtr hai ngudi nay quan sat tai san thuong cia cung toa nha d6 véi phuong nim ngang 15°
(nhu hinh v&). Tinh chiéu cao ngon nui biét ring toa nha cao 100m (két qud lam tron dén hang
don vi).

Loi giai

Tra loi: 162
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Cau 4:

Cau 5:

CHUYEN DE IIT - TOAN 10— CHUONG III — HE THUC LUONG TRONG TAM GIAC
Ta cb: CBA=CBE +EBA=90°+15°=105°.
BAC = BAD — CAD =90°—35° = 55° = BCA :1800—(@+§A\c)=20°.
Ap dung dinh 1y sin cho ACBA ta co:

A5 AC :>AC=AB'Sm@)JOOjSinlOSOz282,42(m).
sin(BCA) sin(CBA) sin(BCA) sin 20°

Xét ACAD vuéng tai D, ta c6 CD = AC.sin(CAD) = 282,42.5in35° ~162(m).

Mubn do chiéu cao ciia mot ngon thap, ngudi ta liy hai diém A, B trén mat dat co khoang cach
AB = 12m cing thang hang véi chan C cua thap dé dat hai giac ké. Chén cua hai giac ké co
chiéu cao h =1,2m. Goi D 1a dinh cta thap va hai diém A, B, cung thang hang véi C, thudc

chiéu cao CD ctia thap. Nguoi ta do duoc DAC, = 490,l£1€1 — 35". Tinh chiéu cao CD cua

thap. (két qua lam tron dén hang phan muwoi)
= n

49°, 35° o
£ \ CI Jil 1,2! my
c A 1Zm B
Loi giai
Tra loi: 22,7
Taco: BAD =180" —49° =131°,
ADB =180"—35" —131° = 14°.
‘ B D
Ap dung dinh li sin, ta c6 A8 _ /Al\ = DA ~ 28,45(m).

snADB,  sinABD

—— DC
sin DAC| = DAll = DC| ~21,47(m).

Nén CD = CC, + C\D ~ 22,67(m).

Trén ban d6 dia ly nguoi ta thudng goi tir gidc voi 4 dinh 1an luot 1a cac thanh phd Ha Tién, Chau
Déc, Long Xuyén, Rach Gia 1a tir giac Long Xuyén. Dua vao cac khoang cach da cho trén hinh
v&, tinh khoang cach giita Chau Ddc va Rach Gia. (két qua lam tron dén hang phan muwoi)
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Chiu Bbc

Ha Tién Long Xuvén

Rach (Gid
Loi giai
Tra 1oi: 75,7
Ap dung dinh li cosin vao tam gidc CHL ta co:
2 2 2 2 2 2
cos CLET — CL +HL -CH™ 49" +104" 78
2.CL.HL 2.49.104
Tuong tu trong tam giac RHL ta co: RLH ~46°28".
Suy ra CLR = CLH + RLH ~92°3'.
Ap dung dinh 1i cosin vao tam giac LCR ta co:
CR>=CI* + LR> —2CL.LR.cos CLR = CR ~ 75,7 .
Nguoi ta xdy mot san khau voi san c6 dang cia hai hinh tron giao nhau. Ban kinh cta hai hinh
tron 1a 20 m va 15 m. Khoang cach giita hai tdm cta hai hinh tron 1a 30 m. Chi phi lam mdi
mét vudng phan giao nhau ctia hai hinh tron 13 300 nghin déng va chi phi 1am mdi mét vuong
phan con lai 13 100 nghin ddng. Hoi s tién 1am mat sdn khau 13 bao nhiéu triéu dong?
Loi giai

~0,6999 = CLH ~ 45°35" .

Tra loi: 208

Goi O, O, 1an luot 1a tAm cua hai duong tron ban kinh 20 mva 15 m. 4, B 1a hai giao diém

cua hai duong tron.

Taco 0 A=0B=20m; 0,4=0,B=15m; 0,0, =30 m.

0B’+00,-0,B" 43
20,B.0,0, 48

cos BO,0, = — BO,0, ~26°23.

Theo tinh chét hai dudng tron cét nhau ta c6 0,0, 1a tia phan gidgc 40B
— A0,B=20,0,B="52,77°.

Suy ra di¢n tich hinh quat tron O, 4B 1a S, ,, = n.202.% ~184, 2(m2) :
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1

Suous = OAOBsin A0,B~159,2 (m?).

Goi S, 1a dién tich hinh giéi han boi ddy 4B va cung AmB trong dudng tron (O,).

=8, = Sg15 — Saous =25 (m*).

Chirng minh tuong tu ta dugc dién tich hinh gidi han bdi day 4B va cung AmB trong duong
tron (0, ) 1a S, 35 (mz).

Suy ra dién tich phan giao nhau la S =S, + S, = 60 (mz) .

= Chi phi 1am san khau phan giao nhau 60.300000 =18000000 (nghin dong).

Téng dién tich cia hai hinh tron 1a ' = 120% + i1 5° 21963 (m2 )

Dién tich phan khéng giao nhau la S’ —S =1903 (m2 ) :

= Chi phi 1am san khau phan khong giao nhau 1903.100000 =190300000 (nghin dong).

S6 tién 1am mat san 1a 18000000 +190000000 = 208300000 (nghin dong)
~ 208 (triéu dong).
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CHUYEN DE III - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

HE THUC LUQNG
TRONG TAM GIAC

ON TAP CUOI CHUONG 3
PE TEST SO 01

PHAN I. Cau tric nghi¢m nhiéu phwong an lya chon. Thi sinh tra 10i tir cdu 1 dén cau 12. Mdi cau hoi

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Caiu 6:

Cau7:

Cau 8:

Cau 9:

thi sinh chi chon m¢t phuong an.

Cho sin« :%, voi 90° < <180°. Tinh cosca .

2 2
A. cosa:? B. cosa:—g. C. cosa:%. D. cosa=——-—.

Cho cosx = % Tinh biéu thitc P =3sin’ x +4cos” x

AL B L. c. p. 2
4 4 4 4

s A \ A ’ \ 0 A ) 5 ~ 5 N . , .
Biét o 1a mot goc tir 0° dén 180° thdéa man tan « + cot o =5 va sina >cosa . Tinh sina .

2 )
A. sina:i. B. sina:i. C. sing=—. D. sing =—
J5 NG 3
Biét o 1a mot goc tir 0° dén 180° thoa man sin a.cos o _2 va tana <1. Tinh tan« .
5
1 1
A. tang=—. B. tana =—. C. tana=2. D. tang =—.
J5 2 NG
Cho tam gidc ABC . Tinh P =cos A.cos(B+C)—sin A.sin(B+C).
A. P=0. B. P=1. C. P=-1. D. P=2.
Cho tam gidc ABC , biét a =24,h=13,c=15. Tinh goc A?
A. 33934, B. 117%49". C. 28%37". D. 58°24".

Cho tam gidc ABC cé BAC =60"; BC =+/3 . Tinh ban kinh cua duong tron ngoai tiép tam giac
ABC.

A. R=4. B. R=1. C. R=2. D. R=3.
Cho tam gidc ABC ¢6 BC =10, BAC = 60°, ABC =45°. Tinh d¢ dai canh AC.
A% BM C. 56. D. 10V6.
Tinh ban kinh duong tron ngoai tiép tam gidc ABC biét AB =2a vacot(A4+B)=3.
A. 2“;/5. B. a‘éﬁ. C. 2a10. D. a10.
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Cau 10:

Cau 11:

Cau 12:

CHUYEN DE III - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

Hinh vuéng ABCD c6 canh bang a . Goi E 1a trung diém canh BC, F 14 trung diém canh AE

. Tim d¢ dai doan thang DF .

av13 3a a a
.

A. B. —. C.

5 3
1 Y S
Cho tam gidc ABC c6 dién tich S . Néu ting d6 dai mdi canh BC va AC 1én hai 1an dong thoi
gilt nguyén do 16m cua goéc C thi dién tich cua tam giac méi dugce tao nén la:

D.

A. 2S. B. 3S. C. 4S. D. 5S.
Tam giac ABC c6 goc A tu, AB =20, AC =10, dién tich bang 50~/3 . Sé do goc A bang
A. 60°. B. 135°. C. 120°. D. 150°.

PHAN II. Ciu tric nghiém diing sai. Thi sinh tra 10i tir cdu 1 dén céu 4. Trong mdi ¥ a), b), ¢), d) & mdi

Cau 1:

Cau 2:

Caiu 3:

cau, thi sinh chon ding hodc sai.

Tam gidc ABC c6 2sin A=sinB;c=2 va a* +b* =15.
a) Do dai canh 4B 16m nhét
b) D6 dai canh BC =+/3

¢) cosC = 11
12

d) Ban kinh dudng tron noi tiép tam giac 1a » = —3\/@4_62\/2_3

Cho tam gidc 4BC vOi AB=2, BC=3, CA=4.

a) Tam gidc ABC c6 dién tich /2 .

b) Tam gidc ABC c6 chiéu cao AH =1.

¢) Tam gidc ABC c6 goc B la goc tu.

Wis

d) Tam giac ABC c6 tong d6 dai ban kinh duong tron ndi tiép va ngoai tiét bang n

Tir vi tri A ngudi ta quan sat mot ciy cao. Biét AH = 4m, HB = 20m, BAC = 45".

a) b6 dai doan 4B =24
b) Tan ABH =%
¢) S6 do goc ACB =56"18"

d) B¢ dai doan BC = %
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Cau 4:

CHUYEN DE III - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

Hai nguoi dan ding cach nhau 30m cing nhin 1én dinh ciia mot toa nha theo goc nhin 1an luogt
la 30° va 50°.

A 30m B
a) Goc nhin tir dinh toa nha vé hai phia 4 va B noi hai ngudi dan dang ding 1a goc ACB ¢6 sb
do 30°.
b) Khodng cach tur vi tri ngudi 4 téi ndc cua toa nha la 43,9m.
¢) Chiéu cao ctia toa nha 1a khoang 30m .
d) Vi gip su cd nén tang trén cung cua toa nha dang bi chay. Pé ctru hd dam chay, mot xe ciru
héa da tiép can dudi chan toa nha va chan thang dung cach mat dat 1,8m, chiéu dai t6i da cua
thang xép 1a 40m . Dé tiép can duwoc dam chay thi xe ctru hoa phai dimg cach chan toa mot
khoang xa nhat 1a 21,7m.

PHAN III. Cau tric nghiém tra 1o ngin. Thi sinh tra 10i tir cdu 1 dén cau 6.

Cau 1:

Cau 3:
Cau 4:

Xa phau gamma knife 13 phuong phéap diéu tri u ndo bang cach sir dung birc xa gamma tip trung,
hoi tu chinh x4c vao tén thuong, khong 1am hai mé lanh. Néu khéi u ctia bénh nhan cach mit da
6,3 cm, bac si dat nguén tia cach khdi u 9 cm dé tranh lam ton thuong mo thi géc tao bdi chum
tia voi mat da 1a bao nhiéu (két qua lam tron dén hang don vi, don vi d9)?

Cho tam giac déu ABC ndi tiép duong tron tim O. Goi M 14 diém thudc cung nho BC cua
duong tron tim O. Biét MB =2 va MC =7, d6 dai doan thing M4 bang

Tam giac ABC ¢6 goc A nhon, AB=5, AC =8, di¢n tich béng 12. Do dai canh BC béng
Khoéang cach tir 4 dén B khong thé do truc tiép dugc vi phai qua mot dam lay. Nguoi ta
xac dinh duge moét diém C ma tir dd c6 thé nhinduge 4 va B dudi mot goc 60°. Biét
CA=200(m), CB=180(m). Khodng cich 4B bang bao nhiéu? (két qua lam tron dén hang

don vi)
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CHUYEN DPE IIl - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

Cau5: Turhaivitri 4,B nguoi ta quan sat mot cai cay. Ly C 1a diém gbc cdy, D 1a diém ngon cay.
Goi 4 va B 1a hai diém cung thang hang véi diém H thudc chiéu cao CD cua ciy sao cho
AB L CD tai H.Nguoitado dugc AB=10m, HC=1,7m, a =63°, f=48°. Chiéu cao CD

cua cay 1a. (két qud lam tron dén hang don vi)

Cau6: Cho xOy=30°.Goi 4,B la 2 diém di dong Ian lugt trén Ox,Op sao cho AB=2. Do di 16n
nhit cia OB bing bao nhiéu?
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CHUYEN DPE IIl - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

HUONG DAN GIAI CHI TIET
PHAN I. Ciu tric nghiém nhiéu phwong an lra chon. Thi sinh tra 10i tir cdu 1 dén ciu 12. Mi cau hoi
thi sinh chi chon mgt phuwong an.

Caul: Cho sina=%,vé’i 90° < ¢ <180°. Tinh cosc .

2 2
A. cosa:E. B. cosaz—g. C. cosa:¥. Q.-

Loi gidi

2
Taco cos’ a =1-sin’a :1—(lj :§.
3 9

2\2

Mait khac 90° < a <180°nén cosa = 3

Cau2: Cho cosx= % Tinh biéu thitc P =3sin’ x +4cos” x

A. B. L. c. U p. B
= 4 4 4

Loi giai

2
Ta co P=3sin2x+4cos2x=3(sin2x+cos2x)+coszx=3+(%j =%.

A . £ N A s o Ak 0 .2 o 5 . . , .
Cau3: Biét o lamot goc tr 0° dén 180° thda man tana+cota=5 va sina >cosa . Tinh sina .

A. sjna:L. B. C. sina:g. D. sina:l.
J5 3 3

Loi giai
5 5 tana =2
Taco tana +cota =— < tana + = o2tan’a-Stana+2=0< 1-
2 tana 2 tana=§

R rang trong ca 2 trudng hop ta déu c¢6 tana >0 nén cosa >0, viy gia thiét

: Ny , 1
sina >cosa < tana >1. Tu do ta cod tana=2:>cota=5.

B P .o 4 .2
=l+cot"ag=l+—=—=sin“"g=—=sinag =——.

1
sin’ a 4 4 5 J5

A A \ A ’, \ 0 A 0 5 ~ . 2 \ ,
Cau4: Biét a 1la mot goc tr 0° dén 180° thda man sinar.cosa =3 va tana <1. Tinh tan .

1 2
A. tang =——. B. C.tana=2. D. tana =—.
¥5 - V5

Loi giai

Ta lai co

NS 2 . 4 . ) 4
Tur gia thit sin a.cosa == suy ra sin’ a.cos’ @ = — <> sin’ a.(l —sin® a) =—
5 25 25

4 sina = sinq =
c>sin4a—sin2a+2—5=0<:>

sin*a = sina =

AR

wls o=

Page 5

Swu tam va bién sogn



Cau 5:

Ciu 6:

Cau 8:

CHUYEN DE III - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

L. 1 2 , 1

Véi sing =—=, suyra cosa =—=, tacod tana =— (tm).
J5 J5 2

L. 2 1 i

Véi sinag =—=,suyra cosad =—,tacd tana =2 .
J5 J5

Cho tam gidc ABC . Tinh P =cos A.cos(B+C)—sin A.sin(B+C).

A. P=0. B. P=1. C.P=-1. D. P=2.
Loi giai

Giastt A= a; B+C= S . Biéu thuc tré thanh P = cosa.cos B —sin a.sin

Trong tam gidc ABC,cé A+B+C=180°= a+ B =180°

Do hai goc @ va £ bunhau nén sina =sin f; cosa =—cos f.

Nén P =cosa.cos B—sina.sin f =—cos’ a —sin’ a = —(0052 a +sin’ a) =—1.

Cho tam gidc ABC , biét a=24,b=13,c=15. Tinh goc 4?

A. 33%34". B. - C. 2837, D. 58°24".
Loi giai

Ta co: cos 4= bici-a 137 +15° 247 Lo a=117%0.

2bc 2.13.15 15
Cho tam gidc A4BC co BAC =60°; BC =+/3 . Tinh ban kinh ciia dudng tron ngoai tiép tam giac
ABC'.

A. R=4. B. [R=1| C. R=2. D. R=3.
Loi giai
Ta cé: ?C =2R<R= B_C =£=1.
sin 4 2sin A 2£
2

Cho tam giac ABC c6 BC =10, BAC =60°, ABC = 45° . Tinh d¢ dai canh AC.

A.g. 3.. C. 5J6. D. 106

Loi gidi
. ) 1 A
Theo dinh ly sin trong tam giac ta co BE\ = AE\ & — 0 =— ¢
sin BAC sin ABC sin60°  sin45°

e AC = 10.51n45 _ 10\/8.
sin 60° 3

Tinh ban kinh dudng tron ngoai tiép tam gidc 4BC biét AB=2a va cot(A +B ) =3.

A. 2“*3%. B. & 310 . C. 2a10. Q..

Loi gidi
Ta co: cot(A+B)=3=cotC=—cot(A4d+B)=-3.

Suy ra cosC =-3sinC.

. 1 V10
Ma sin’C+cos’C=1=>sinC=—=——.
V10 10
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CHUYEN DE III - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

Theo dinh 1y sin, ta c6 43 =2R=>R-= 43 =a /10
sinC 2sinC

Cau 10: Hinh vuéng ABCD c6 canh béng a.Goi E latrung diém canh BC, F la trung diém canh AE
. Tim d0 dai doan théng DF .

A. “‘/E. B. 3%, C. “‘/g. D. “*/5.
4 4 4 2
Loi giai
A B
E
—0
D C
2
Tacd: AE = DE = a2+[%J :a\z/g

Dung cong thire d6 dai trung tuyén:

, 5S4’
ppr DAADE _AE* T4 5813
2 4 2 16 16

Vay do dai doan th.'fmg pF =2 413 .

Céu 11: Cho tam giac ABC c6 dién tich S . Néu ting do dai mdi canh BC va AC 1én hai lan dong thoi
gilt nguyén do 16n ctia goc C thi dién tich cua tam gidc mdi dugce tao nén la:
A. 2S. B. 3S. C. 4S. D. 5S.
Loi giai

Tacod S = %BC.AC.sinC

Khi BC, AC tang 2 lan, ta co S, = %.2BC.2AC.sinC = 4(%BC.ACsin Cj =4S

Céu 12: Tam giac ABC c6 goc A ti, AB=20,AC =10, dién tich bang 50~/3 . Sé do goc A bang
A. 60°. B. 135°. C. 120°. D. 150°.
Loi giai
25 25043 3

AB.AC  20.10 2

Taco: S =%.AB.AC.sinA =sind=

Do goc 4 tunén A=120°.

PHAN II. Cau trac nghiém dung sai. Thi sinh tra 101 tir cau 1 dén cau 4. Trong moi y a), b), ¢), d) & moi
cau, thi sinh chon ding hodc sai.

Caul: Tam giac 4BC co 2sin A=sinB;c=2 va a* +b* =15.
a) Do dai canh 4B 16m nhét
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Cau 2:

CHUYEN DE III - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

b) D6 dai canh BC =3

¢) cosC = 1
12
d) Ban kinh dudng tron ndi tiép tam giac 1a r = %
Loi giai
| a)Sai | b)Ping | ) Ding | d)DPing |

Ap dung dinh Iy sinta co 2sind=sinB=2a=b ma &’ +b* =15=a"+4a* =15 a=B3=b=23
Suy ra b) ding

b>c¢>a= ABC 1a goc 16n nhét nén a) sai

a+b -7 11

=— suy ta c¢) diung

Ap dung dinh 1y ¢6 sin ta co cosC =
2.ab 12

. a+b+c 33+2
Taco p= SR

Diégn  tich tam gidc  S=pr-a)p-b(p-c) =pr=r= Jp(p=aXp=b)p=0c) _

p
e 3469 —24/23
46
Cho tam gidc 4BC v61 AB=2, BC=3, CA=4.
a) Tam gidc ABC c6 dién tich /2 .
b) Tam gidc ABC c6 chiéu cao AH =1.
¢) Tam giac ABC c6 goc B 1a goc tu.
e 2 LA IO . N as gtA s S NIT
d) Tam gidc ABC c6 tong do dai ban kinh dudng tron ndi tiép va ngoai tiét bang 0
Loi giai
| a)Sai | b)Sai | c¢Ping | d)Ping |
B
2 3
i y -C
+ Trong tam gidc ABC ¢cO p= 2 +;+ 4 =% nén theo cong thuc HE-rong ta co:
S =\/p(p—a)(1?—b)(p—c) = 3{? nén A sai.

1 28 15

+S=—AH.BC < AH =——=—"" nén B sai.
2 BC 2

AB® +BC* —AC* 2°+3* -4 1

+ Theo dinh li c6sin, cos B = = <0 = B>90° nén C dang.

2.4B.BC 223
L godbe  p_abc_ 234 815
4R 48 A 315 15
"4
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Cau 3:

Cau 4:

CHUYEN DE III - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

S=pr<:>r=£=—.

p
85 Ji5 _ 715
15 6 10

Vay R+r= nén D dung.

—

Tir vi tri A nguoi ta quan sat mot cdy cao. Biét AH = 4m, HB = 20m, BAC = 45".

a) Bg dai doan AB =24
b) Tan ABH :§
¢) S6 do goc ACB = 56"18"

d) bBg dai doan BC = %

Loi gidi
| a)Sai | b)Pung | c¢)Ping | d)Ping |
+) Do dai AB =+/4* +20° =426
AH 4 1

+) Xét tam giac vuong AHB:Tan ABH = —=—=—.
BH 20 5
+) Goc CBA=90° — ABH =78"41'= ACB =180° —45° — CB4 = 56"18'
. 0
+) Ap dung dinh i Sin trong tam gidc ABC taco .BC = 45 = BC = M = 52
Sin45" SinACB Sin ACB 3
Hai nguoi dan dimg cach nhau 30m cung nhin 1én dinh cia mét toa nha theo goc nhin lan luot

la 30° va 50°.

30°

A 30m B .

a) Goc nhin tir dinh toa nha vé hai phia 4 va B noi hai ngudi dan dang dung 1a goc ACB ¢6 s6
do 30°.
b) Khoang cach tur vi tri ngudi 4 tdi ndc cua toa nha 1a 43,9m.

¢) Chiéu cao ctia toa nha 1a khoang 30m .
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CHUYEN DE III - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

d) Vi gip su cd nén ting trén cung cua tdoa nha dang bj chay. Dé ciru ho dam chay, mot xe ctru
hoa da tiép can dudi chan toa nha va chan thang dirg cach mat dat 1,8m, chiéu dai t6i da cua
thang xép 1a 40m . Pé tiép can duoc dam chay thi xe ctru hoa phai dimg cach chan toa mot
khoang xa nhat 1a 21, 7m .
Loi giai
| a)Sai | b)Ping | ¢)Sai | d)Ping |

LU
LU

a) Xét tam gisc AABC ¢6 BAC =180°—50°=130°, 4BC = 30°

nén ACB =180°—130°—30° =20°.

b) Khi d6: &p dung dinh 1y Sin cho tam gidc A4BC ta duogc:
AB  AC 30 AC _ n_30sin30°

~43,9m .

sinC - sin B = sin20°  sin30° = sin 20°
¢) Xét tam giac vuong CHA vudng tai H nén CH = ACsin50°=33,6m .

d) Chan thang cach mat dat 1,8m ta c6: CK =CH — HK =33,6—1,8=31,8m.
Khi d6, khoang cach t6i chan toa nha xa nhét ¢ thé 1a:

KD =~JCD* —CK?* =+J40* —31.8* ~24.3m

PHAN III Cau tric nghiém tra 161 ngan. Thi sinh tra 1i tir cu 1 dén cau 6.

Cau 1:

Xa phau gamma knife 1a phuong phéap diéu tri u ndo bang cach sir dung birc xa gamma tip trung,
hoi tu chinh x4c vao ton thuong, khong lam hai mo lanh. Néu khdi u ctia bénh nhan cach mat da
6,3 cm, bac si dat nguén tia cach khdi u 9 cm dé tranh 1am ton thuong mo thi goc tao bdi chum

tia v6i mat da 13 bao nhiéu (két qua 1am tron dén hang don vi, don vi do)?

Loi giai
Tra loi: 35
Tur dé bai ta c¢6 hinh v& sau:
Scm
B e bt - dﬂ
B +
| E
mé |G
v
Khai u
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Cau 3:

Cau 4:

CHUYEN DE III - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

Goi S 1a goc tao boi chum tia voi mat da. Ta co: tan S = 6;3 = % .

= p=35°.
Cho tam giac déu ABC ndi tiép dudng tron tim O. Goi M 1a diém thudc cung nho BC cua
duong tron tim O. Biét MB =2 va MC =7, d6 dai doan thing M4 bang
Loi giai
Tra loi: 9

‘0

: C
N
M

4

Tir gia thiét ta dugc AMB = AMC = 60°.
Ap dung dinh 1y Césin 14n lugt cho hai tam gidc AAMB va AAMC ta duoc:
AB* = MB* + MA* —2MB.MA.cos60° va AC* = MC* + MA® —2MC.MA.cos 60°
Tu va ta dugc MB* + MA> — MB.MA = MA® + MC*> — MA.MC .
72 _ 92

s "
Tam giac ABC cb6 goc A nhon, AB=5, AC =8, dién tich bf‘mg 12. B6 dai canh BC béng

Loi giai

=22 2MA=T7"-7.MA < MA= 9.

Traloi: 5
25 212
AB.AC 5.8

Ta co: S=%.AB.AC.sinA =sinAd= %
- ) s A 4
Do sin” A+cos” 4=1,va A4 la géoc nhon, nén: cosA:E.
Ap dung dinh 1y ham co-sin, ta c6:
4
BC? = AB*> + AC* =2.AB.AC.cos A =5 + 8" — 2.5.8.g =25=BC=5.
Khoang cach tir 4 dén B khong thé do truc tiép dugc vi phai qua mot dam lay. Nguoi ta
xac dinh dwoc mot diém C ma tir d6 c6 thé nhindugc 4 va B dudi mot goc 60°. Biét
CA=200(m), CB=180(m). Khodng cich 4B bang bao nhiéu? (két qua lam tron dén hang

don vi)
Loi giai
Tra loi: 191
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Cau 5:

CHUYEN DPE IIl - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

C

Ta c6: AB*> = CA® + CB* —2CA.CB.cos 60° = 40000 + 32400 — 2.200.1 80.%

=36400 = 4B =203/91(m).

Tir hai vi tri 4, B nguoi ta quan sat mot cai cay. Lay C la diém gbc cay, D 1a diém ngon cy.
Goi 4 va B 1a hai diém cung thang hang véi diém H thudc chiéu cao CD cua ciy sao cho
AB L CD tai H.Nguoitado dugc AB=10m, HC =1,7m, a =63°, f=48°. Chiéu cao CD

cua cay 1a. (két qud lam tron dén hang don vi)

Tra loi: 27

Tac6 @ =63°= BAD=117° = ADB =180°—(117°+48°) = 15°.

, AB.sin BAD

Ap dung dinh 1y sin trong tam giac ABD ta co: Af\ = BB\ = BD = * .
sin ADB  sin BAD sin ADB

Tam giac BHD vudng tai H nén co: sin HBD = % — HD = BD.sin HBD .
AB.sin @.sin@ _ 10.sin117°.sin 48°
sinﬁ sin15°
Vay chiéu cao cta cayla CD=CH + HD = 1,7+25,58=27,28m .

Suy ra HD =

~25,58m .

Cho xOy =30°.Goi 4,B 1a 2 diém di dong lin luot trén Ox,Oy sao cho AB=2.D¢ dai l6n
nhat cia OB bang bao nhiéu?

Loi giai
Tra loi: 4
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CHUYEN DE III - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

A

] = 30° B

B3

Ap dung dinh i cosin: AB> = OA* + OB* —20A4.0B.c0s30° < 4 =04’ + OB* — 20A.OB.7

& 04> —\3.0B.0A+0B* -4=0.
Coi phuong trinh 1a mot phuong trinh bac hai an 04 phai c6 nghiém. Dé ton tai gia tri 16n nhat
clia OB thi A ) 20 < (\30B)* —4(0B*-~4)> 0 <> OB*> <16 <> OB < 4.

Vay max OB =4.
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CHUYEN DE III - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

HE THUC LUQNG
TRONG TAM GIAC

ON TAP CUOI CHUONG 3
PE TEST SO 02

PHAN I. Cau tric nghi¢m nhiéu phwong an lya chon. Thi sinh tra 10i tir cdu 1 dén cau 12. Mdi cau hoi

Cau 1:

Cau7:

Cau 8:

thi sinh chi chon m¢t phuong an.

Cho 0° <& <90°. Cho cac khang dinh sau

(D) tana >0. (II) cosa <O0.

(III) cota >0.(IV) —l<sina <1.

Trong cac khang dinh trén c¢6 bao nhiéu khang dinh diing?

A. 1. B. 2. C. 3. D. 4.

Trong cac dang thic sau, dang thirc nao sai?

A. sin90° =cos0°. B. sin72°=co0s28°. C. tan60°=cot30°. D. sin45°=cos45°.
Tinh gia tri biéu thitc P = sin® 10°+sin® 20°+sin® 30°+...+sin” 80°.

A. P=0. B. P=2. C. P=4. D. P=8.

Tam giac ABC ¢6 AB=5,BC =7,CA=8.Sb do goc 4 bang:

A. 30°. B. 45°. C. 60°. D. 90°.

Cho tam gidc ABC co B =30° , C =55°va canh AC =16c¢m . Tinh canh AB ?

A. 26,2(cm) . B. 25,7(cm). C. 27(cm). D. 28,l(cm).

Cho AABC . C6 bao nhiéu khang dinh dung trong cac khang dinh sau:
(D) Spusc = \/p(p —a)(p—b)(p _C)

abc
(D) Sype = R

(IIm) = 2aasc
p

(V) p, = 25amc
c

Véi AB=c¢,BC=a,AC=b. R, r lan luot 1a ban kinh dudng tron ngoai tiép tam gidc ABC
va h_ 1a chiéu cao twong tmg véi canh c.

A. 1. B. 2. C.3. D. 4.

Tam gidc ABC c6 AB=4,BC=6,AC = 2\/7. DPiém M thudc doan BC sao cho MC =2MB.
Tinh d6 dai AM .

A. 4. B. 3v2. C. 243, D. 3.
Cho tam giac ABC biét a = 2\3,b=22,c=~J6 -2 . Sé do cua goc 16n nhét ciia tam giac 1a
A. A=135°, B. 4=150°. C. B=60°. D. 4=120°.
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Cau 9:

Cau 10:

Cau 11:

Cau 12:

CHUYEN DE III - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

Cho tam gidc ABC thoa man h¢ thiic b+ ¢ = 2a . Trong cac ménh dé sau, ménh dé nao dang?
A. cosB+cosC =2cos A. B. sin B+sinC =2sin A.

) ) 1 .
C. s1nB+smC:Es1nA. D. sin B +cosC = 2sin A.
Cho tam gidc ABC biét AB=4, AC =5, BAC = 60°. Khi d6 dién tich cua tam giac ABC la

A. 1043 B. 5. C. 10. D. 543.
Cho tam gidc ABC ¢c6 A=120°;b=8;c = 5. Tinh ban kinh dudng tron ndi tiép tam giac ABC.

2043 4043
A2 B. 2 C. 13+4/129 D. 1083
13++/129 13++/129

Cho tam giac ABC ¢c6 A=60°;b=12;c =13. Tinh duong cao 16n nhét ciia tam giac ABC.

A. % B. % C. 133 D. 613

PHAN II. Ciu tric nghiém diing sai. Thi sinh tra 10i tir cdu 1 dén céu 4. Trong mdi ¥ a), b), ¢), d) & mdi

Cau 1:

Cau 2:

Cau 3:

cau, thi sinh chon ding hodc sai.

Cho A4, B, C laba goc cua mot tam giac.
a) cos(A4+B)=—-cosC.
b) sin(4+ B)=sinC.

. C
¢) sin =cos—
2
d) cos A+8 = —sing
2 2
Cho tam giac ABC c6 AB=6;AC =8§; BAC =90°. Goi D,E 1a cic diém thudc canh BC sao
1

cho CD =BE :ZBC.

a) Tam giac ABC vudng can.

b) B dai canh BC =10.

¢) Sé do goc ABC = 60°.

d) Sb do goc EAD ~52°.

Cho tam giac ABC c6 d6 dai ba canh 1a AB=2, BC=5, CA=6.Goi M 1a trung diém cua
BC.

a) Trong tam giac ABC, s6 do ctia goc B 1a 1on nhét.

b) Gia tri cua cos B la l
20
¢) Dién tich cua tam giac ABC la

N

d) % 1a d6 dai duong trung tuyén MA cua tam giac ABC.

339
—
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Cau 4:

CHUYEN DE III - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

Luc 7 gid kém 5 sang, ban Mai di xe dap tir nha ( diém A) dén truong ( diém B) phai di 1én doc

va xudng mét con ddc ( hinh v&). Cho biét doan 1én ddc dai 300m, A=6"B=4°. Goi C 1a dinh
dée.

Ac—///—l\—f

H

a) Do déc luc 1én cao hon luc xudbng

b) Po cao con dbc 1a ( 1am tron dén hang phan muoi) 1a 31,3m.

¢) Quing dudng chim bay di tir nha dén truong ( 1am tron dén hang don vi) 13 749m.

d) Pé kip dén trudong lac 7h ding, Mai di 1én dbc v6i van tde (1am tron dén hang don vi) 1a
6km / h , biét Mai khi xudng dbc ban di tir do ko dap xe véi van toc khong d6i 13 15km / h .

PHAN III. Cau tric nghiém tra 1oi ngin. Thi sinh tra 15i tir cdu 1 dén céu 6.

Cau 1:

Cau 2:

Cau 3:

Cho tam giac ABC ¢6 BC =8, CA=7, AB=5.Trén canh BC liy diém M sao cho BM =5
. Tinh ban kinh » cta duong tron ndi tiép tam gidc ACM . (két qua lam tron dén hang phan
tram)

Cho hinh chit nhat ABCD c6 canh AB=4, BC=6, M latrung diém cia BC, N 1a diém trén
canh CD sao cho ND =3NC . Khi d6 dién tich tam gidc AMN bang

Cho tam giac ABC c6 AB=2, AC=3, BC=4.Goi M la trung diém canh AB. Tinh ban
kinh R cuia dudng tron ngoai tiép tam giac BCM . (két qua lam tron dén hang phan triam)

bé do khoang cach tur vi tri A4 dén vi tri B & hai bén bd mét cai ao, ban An di doc b ao tir vi
tri A dén vitri C vatién hanh do BAC, BCA.Biét AC =25m, BAC =59'57',BCA=82°9". Hoi

khoang cach tir vi tri A4 dén vitri B 1a bao nhiéu mét (Iam tron két qud dén hang don vi)?

B
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CHUYEN DE III - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

Cau5: Ban A dung ¢ dinh cua toa nha va quan sat chiéc diéu, nhan thiy goc ning (gdc nghiéng giira
phuong tir mét ctia ban A t&i chiée diéu va phuong ndm ngang) 1a & =35 ; khoang cach tir dinh
toa nha téi mat ban A4 13 1,5m . Cing lic d6 & dudi chan toa nha, ban B ciing quan sat chiée diéu
va thay goc nang 1a B =75 ; khoang cach tir mat dat dén mat ban B ciing 14 1,5m. Biét chiéu
cao cua tdoa nha 13 72 =20m (Hinh v&). Chiéc diéu bay cao bao nhiéu mét so mat dat (lam tron

két qua dén hang don vi)?

h

B i

Cau 6: Ong X can do dién tich manh dit hinh t& giac, ong di theo chu vi manh dat, 1an luot do do dai
cac canh va mot goc nhu hinh v&. Tinh dién tich cua manh dat 46 ((lam tron két qua dén hang

don vi, don vi: m*).
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CHUYEN DE III - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

HUONG DAN GIAI CHI TIET

PHAN I. Ciu tric nghiém nhiéu phwong an lra chon. Thi sinh tra 10i tir cdu 1 dén ciu 12. M&i cau hoi

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Cau 6:

thi sinh chi chon mgt phuwong an.
Cho 0° < a <90°. Cho céac khing dinh sau
(D) tana >0. (II) cosax < 0.
(IIT) cota>0. (V) —1<sina <1.
Trong céac khang dinh trén c6 bao nhiéu khang dinh diing?
A. 1. B. 2% C. 3. D. 4.
Loi giai
Voéi 0°<a <90° thi:
O<sina<l, O<cosa<l, tana >0, cota >0.
Trong céac dang thic sau, dang thirc no sai?
A. sin90° =cos0°. B.sin72°=c0s28°, C. tan60°=cot30°. D. sin45°=cos45°.
Loi giai
Ta co: sin72° =cos18°.
Tinh gia tri biéu thirc P =sin® 10°+sin” 20° +sin” 30°+...+sin’ 80°.
A. P=0. B. P=2. C. P=4. D. P=38.
Loi giai
Do 10° +80° =20°+70° =30°+60° = 40°+ 50° = 90° nén cac cung lugng giac twong ting doi
mét phu nhau. Ap dung cong thic sin(90° —x) = cosx, ta dugc

P= (sin2 107 +cos’ 10°) +(sin” 20° + cos® 20° ) + (sin2 30°+cos’ 300) + (sin2 40°+ cos” 40°)
=1+1+1+1=4.

Viy P=4.
Tam gidc ABC c6 AB=5BC=17,C4A=8.S6 do goc A bang:
A. 30°. B. 45°. C. 60°. D. 90°.
Loi giai
2 2 2 2 2 2
Theo dinh li ham cosin, ta cé cos A= AB FAC —BCT S48 -7 1
2AB.AC 2.5.8 2
Do d6, A=60".
Cho tam giac ABC co B =30° , C =55°va canh AC =16¢cm . Tinh canh 4B ?
A. 26,2(cm). B. 25,7(cm . C. 27(cm). D. 28,1(cm).
Loi giai
Theo dinh li sin, ta co:
A AB 1 AB 16sin55°
dc _AB 16 _ AB g 105 o6.2(cm).
sinB sinC  sin30° sin55° sin 30°

Cho AABC . C6 bao nhiéu khang dinh dung trong céc khang dinh sau:
() Syupe = \/p(p —a)(p—b)(p _C)

abc
(D) Sype = R

(1) = Samc
p
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Cau 7:

Cau 8:

Cau 9:

CHUYEN DE III - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

2SAABC
c
V6i AB=¢,BC=a,AC=b. R, r lan luot 1 ban kinh duong tron ngoai tiép tam giac ABC

(V) h, =

va h, 1a chiéu cao twong tmg véi canh c.
Al B. 2. c.3 D. 4.
Loi giai

Vi S, e = Z—ﬁs nén (II) sai.

Céc cong thirc ding 1a S, ;- =\/p(p—a)(p—b)(p—c)

S
Sy pe = pr = r=—2E
p
1 2
Sope =—ch =h, _ 2Sauc
2 c

Tam giac ABC ¢c6 AB=4,BC=6,AC = 2\/7. Piém M thudc doan BC sao cho MC =2MB.
Tinh d6 dai AM .

A. 4. B.32. C. 243, D. 3.
Loi giai
A
1 2V7
B M 6 C
N AB*+BC-AC* 16+36-28 1

Tacdo: BM =2 va cosB = —.
2AB.BC 2.4.6 2

Vay AM?* =A32+BM2—2AB-BM-cos]§=16+4—2.4.2%=12:>AM =2./3.

Cho tam giac ABC biét a = 2\/§,b = 2x/§, c=~/6-+2.56 do cua goc 16n nhit cua tam giac 1a

A. A=135°. B. A=150°. C. B=60°. D. A=120°.
Loi giai
Theo gia thiét ta c6 ¢ <bh <a suy ra C<B<Adods g0c 4 1a goc 16n nhat.
Theo hé qua cia dinh 1y C6-sin ta c6
2 2 2
b+ —a? _(2\/5) +(Vo-2) ~(243) 4-43 1

cos 4= = _—

2bc 2.2\5.(\/3_\5) T 8f3-8 2

Suy ra 4=120°
Vay goc 16n nhat 1 goc A c6 sb do 1a 120°.
Cho tam gidc ABC thoa man hé thirc b+ ¢ =2a. Trong cdc ménh dé sau, ménh dé nao dang?

A. cos B+cosC =2cos A. E._
. . 1 .
C. s1nB+s1nC=5s1nA. D. sin B+cosC =2sin A.
Loi giai
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Cau 10:

Cau 11:

Cau 12:

CHUYEN DE III - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

A
o b
B a C
. , . , a b c
Theo dinh lisintac6 ——=——=——=2R.
sind snB sinC
a=2Rsin A
=<b=2RsinB.
c=2RsinC

Tacd b+c=2a
= 2RsinB+2RsinC =2.2Rsin A.

= sin B+sin C = 2sin A.
Cho tam gidc ABC biét AB=4, AC=5, BAC = 60°. Khi d6 dién tich cua tam giac ABC la
A. 1043 . B. 5. C. 10. D. 5¥6!
Loi giai
Ap dung cong thure tinh di¢n tich tam giac ta co:

1 NG

— 1 1
S . =—AB.AC.sin BAC =—=.4.5.5in60°=—.45> =53,
MBC o 2 2 2

Cho tam giac ABC c6 A =120°;b =8;c =5. Tinh ban kinh dudng tron noi tiép tam gidc 4BC.

A. B, _40¥3 C. 134129 D. 1043
134129

Loi giai
Tacod a’ =b> +c>—2bccos A=5>+8>—2.5.8c0s120° =129 = a = /129 .

S =%bcsinA - %.8.5.sin120° —104/3.

_a+b+c 13++129
2 2

4 13++/129

Cho tam giac ABC ¢6 A =60°;b=12;c =13. Tinh dudng cao 16n nhit cia tam giac ABC.

1
A.. B. ?3 C. 13V3 D. 643

Loi gidi
Ta co
a’ =b*+c* —2bccos A =127 +13*-2.12.13¢c0s60° =157 = a =~/157 = 12,5..

Dién tich AABC la: S = %.b.c.sin A= %.12.13.sin 60° =393 .
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CHUYEN DE III - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

Do § =%.a.ha =%.b.hb =%.c.hc, mac>a>b=h <h,<h,

25 2393 133
b 12 2

hb

PHAN II. Céu tric nghiém ding sai. Thi sinh tra 10i tir cdu 1 dén ciu 4. Trong mdi ¥ a), b), ¢), d) & mbi

Cau 1:

cau, thi sinh chon ding hodc sai.
Cho A4, B, C laba goc cua mot tam giac.
a) cos(A+B)=—cosC.
b) sin(4+ B)=sinC.
C

=COS—

¢) sin
) 2

Loi gidi
| a)ybing | b)Ping | obing | d)Sai |

a)Trong tam giac ta co:

A+B+C=180°< A+ B=180°-C < cos(A+ B) =cos(180°-C) =—cos C.
Do d6, a) bung.

b)Trong tam giéc ta co:

A+B+C=180°< A+ B=180°-C < sin(4+ B) =sin(180°-C) =sinC.
Do do, b) bung.

A+B
¢)Trong tam giac ta co: A+B+C=180°<= A+B=180°-C < i :90°—%
< sin =S [90°—£j:cos£
2
Do d6, c) bung.
d)Trong tam gidc ta c6: A+B+C=180°= A+ B=180°-C < A+B =90°—%
& cos B :cos(90°—£j=sin£.
2 2
Do d6, d) Sai.
Cho tam giac ABC c6 AB=6;A4AC =8; BAC =90°. Goi D, E la cac diém thudc canh BC sao
cho CD =BE :%BC.
a) Tam giac ABC vudng can.
b) B dai canh BC =10.
¢) S6 do goc ABC =60° .
d) S6 do goc EAD ~52°.
Loi giai
‘ a) Sai ‘ b) Ping ‘ ¢) Sai ‘ d) bung
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Cau 3:

CHUYEN DE III - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

A 8 ¢
a) Tam giac ABC vudng can.
Tacod: AB =6;AC =8 = AABC vudng can (sai).
b) B dai canh BC =10.
Tacd: BC? = AB> + AC*=6"+8=100= BC =10.
Vay BC =10 (dung).
¢) Sé do géc ABC =60°.
Xét AMBC tan ABC =4S -8 _ 2 Jpe <530
AB 6 3
Vay ABC = 60° (sai).
d) Sé do gbc EAD ~52°.
Tacd BC*=AB* + AC* =6>+8>=100= BC =10.
Vi CD=BE=%BC:>CD=BE=§:>DE=5.

Vi AABC vudng tai A suy ra cos@:A—Bzg;cosﬁzﬂzi.
BC 5 BC 5

Ap dung dinh 1i co sin cho AABE va AACD

2
AE* = AB*> + BE* —2 AB.BE.cos ABE = 6° +G) — 2.6%% = 77 = AE = N7 )

2
2
AD? = AC? +CD* —2AC.CD.cos ACD =8 +[ 2| —282 413 g V153
2 25 4 2
153 97
2 2 2 - -
cosDAE =AD" +AE —DE" _ 4 4 " 6156 = DAE ~52°.

2.ADAE ) J153 o7

2 2

co

Cho tam giac ABC c6 d6 dai ba canh1a AB=2, BC=5, CA=6.Goi M la trung diém cta

BC.
a) Trong tam gidc ABC, sb do cua gbc B 1a 16n nhét.

b) Gia tri cua cos B la l
20
¢) Di¢n tich cua tam gidc ABC la

55

d) — 1a d6 dai dudng trung tuyén MA cua tam gidc ABC.

339
—
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Cau 4:

CHUYEN DE III - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

Loi giai
‘ a) Ding ‘ b) Sai ‘ ¢) Pung ‘ d) Pung ‘
a)Pung
Vi canh CA4 =6 13 16n nhat trong 3 canh ciia tam giac ABC .
b) Sai.
Ap dung hé qua dinh li co-sin ta c6: cos B = a4 b = S+2-6 = —l.
2ac 252 20

c¢) bing

, 2+5+6 13
Taco: p= 2 =—

Ap dung cong thiic hé — rong ta co: S =\/P(P—a)(19_b)(p_c) - 3? '
d) Pling

Ap dung cong thuc tinh d6 dai trung tuyén ta co:

MA_\/c2+b2 az_fw 5 5

2 4 2 4 2
Luc 7 gio kém 5 sang, ban Mai di xe dap tir nha ( diém A) d&én truong ( diém B) phai di 1én déc
va xudng mét con ddc ( hinh v&). Cho biét doan 1én ddc dai 300m, A=6"B=4". Goi C la dinh
déc.

Ae"//—l\—f

H

a) Do déc luc 1én cao hon luc xudbng
b) Po cao con ddc 1a (1am tron dén hang phan muoi) 13 31,3m.
¢) Quang duong chim bay di tir nha dén truong ( 1am tron dén hang don vi) 1 749m .
d) Pé kip dén truong lac 7h ding, Mai di 1én dbc v6i van tde (1am tron dén hang don vi) 1a
6km / h , biét Mai khi xudng dbc ban di tir do ko dap xe voi van toc khong d6i 1a 15km / h .
Loi giai
| a)yPing | b)Sai | «Sai | d)Ping |

*) Do 4> Bnén d dbc lic 1én cao hon luc xudng. Ménh dé A ding

*) Ap dung hé thirc lugng trong tam giac vudéng ACH :
Do cao con ddc la CH = AC.sin 4=300.5in6" =31,4(m) . Ménh dé B sai
*) Xét tam gide ABC cd ACB=180° —4° —6° =170°

. . . A AB AC.si n A .
Ap dung dinh 1y sin ta ¢c6 — € _ — = 4B =ﬂ= 747(m). Ménh dé C sai.
sinB sinC sin B
. . B A AC.sin A
*) Str dung dinh 1y sin ta ¢ — C_ _ ¢ BC:&:M%S(;%)
sind sinB sin B

Thoi gian ban Mai di tir nha té1 truong:
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CHUYEN DE III - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

5 1 AC BC [ 1 BCJ
D e =Ty = ACH —— =
60 12 v,. 15 12 15
Vay ménh dé D ding
PHAN III. Cau tric nghiém tra 1oi ngin. Thi sinh tra 10i tir cdu 1 dén cau 6.
Cau 1: Cho tam gidc ABC c¢6 BC=8, CA=7, AB=5.Trén canh BC lay diém M sao cho BM =5
. Tinh ban kinh » cta dudng tron ndi tiép tam gidc ACM . (két qua lam tron dén hang phdin

| LR L ST
12 15.sin4’

tram)
Loi giai
Tra loi: 0,87
A
B M C
2 2 2 2 2 2
Xét tam giac ABC c6: cosB = AB +BC —AC = S8 7 :l:>B:60°.
24B.BC 2.5.8 2

Xét tam gidc ABM cb: AB=BM =5 ABM =60° = AABM la tam giac déu.
— AM =5, AMC =120°.

Xét tam gidc ACM <6 S,y =%AM.MC.sinA/]\%:%.5.3.sin1200:#
1
Mit khac S,,,,c = pr= 5+3+7.r=—5.r
2 2
15 153 NG
Suyra: —r=——=r=——.
2 4 2

Cau2:  Cho hinh chit nhat ABCD c6 canh AB=4, BC =6, M latrung diém cia BC, N 1a diém trén
canh CD sao cho ND =3NC . Khi d6 dién tich tam gidc AMN bang

Loi gidi
Tra loi: 7,5
B M C
4 D
Cach 1:
Taco MC=3,NC=1,BM =3;ND=3.
1 1 1 15
S =S -5 -S -5 =46——43-—31-—34=—
AAMN ABCD AABM AMC, AADN 2 2 2 2

Cach 2:
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Cau 3:

Cau 4:

CHUYEN DE III - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

Tacd MC =3,NC=1= MN =+/10
BM =3,AB=4=> AM =5

AD =6,ND =3 = AN =+/45

_AM + AN+ MN _ 10 +5+/45
2 2

Sunn =\[P(p—AM)(p=AN)(p—MN) =2

Cho tam giac ABC ¢6 AB=2, AC=3, BC=4.Goi M la trung diém canh AB. Tinh ban
kinh R cta dudng tron ngoai tiép tam gidc BCM . (két qud lam tron dén hang phan trdam)

Loi giai
Tra 1oi: 2,33

B C

Xét tam gidc ABC co:

2 2 2
cap? - B +AC* 4B =?:>CM= /?.

2 4
23
2 2 » 1+16——
Xét tam gidc MBC cO: cosB = BM_+BC" —CM = 2 :H
2BM .BC 2.14 16
23
BM*+BC —cm? 16— )
cosB = = =
2BM .BC 2.14 16
= sin B =+/1-cos’ B =% (do sinB>0)
23
Xét tam gidc BMC ,ta cod MC =2R=R= MC _ V2 _ 4V690
sin B 2sin B 3\/3 45
8
Vay bén kinh ciia duong tron ngoai tiép tam gidc BCM 1a R = 4\/46590

Pé do khoang cach tir vi tri 4 dén vi tri B & hai bén bd mét cai ao, ban An di doc bd ao tir vi
tri A dénvitri C vatién hanh do BAC, BCA. Biét AC =25m, BAC =59'57",BCA=82°9". Hoi

khoang cach tir vi tri 4 dén vitri B 1a bao nhiéu mét (lam tron két qua dén hang don vi)?
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Cau 5:

CHUYEN DE III - TOAN 10 - CHUONG III - HE THUC LUONG TRONG TAM GIAC

B

Loi giai
Tra loi: 29
Xét tam gidc ABC, ta co: BAC =59'57BCA=82'9".
— ABC =180°—59°57'-82°9" =37°54" .
AB  AC

Ap dung dinh 1i sin trong tam giac ABC ta c6: —— =
sinC sinB

4B A¢.51nC _ 25..sm82 9 z29(m).
sin B sin 37°54'

Vay khoang cach tur vi tri 4 dénvitri B 1a 29m.

Ban A dimg ¢ dinh cta toa nha va quan sat chiéc diéu, nhan thiy géc nang (goc nghiéng giira

phuong tir mét ciia ban A t6i chiée diéu va phuong ndm ngang) 1a & =35 ; khoang cach tir dinh
tda nha téi mat ban A4 13 1,5m . Cing lic d6 & dudi chan toa nha, ban B ciing quan sat chiéc diéu

va thdy goc nang 1a S =75"; khoang cach tir mit dat dén mit ban B ciing 1a 1,5m. Biét chiéu

cao cua toa nha 13 A =20m (Hinh v&). Chiéc diéu bay cao bao nhiéu mét so miat dat (lam tron

két qua dén hang don vi)?

h

Tra loi: 26
Goi cac diém:

Swu tdm va bién soan
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h=20

O 1a vi tri cia chiée diéu.

H 14 hinh chiéu vudng géc cua chiéc diéu trén mit dat.

C, D lan lugt 13 hinh chiéu vudng goc cua 4, B trén OH .

bat OC = x,suyra OH =x+20+1,5=x+215(m).

oc  x
tana  tan35
OD — BD - OD x+20

Xét tam giac OBD, ta co: tan f=—— = = :
BD tan f tan75

Xét tam gidc OAC, ta cod: tana =%:> AC =

Ma: AC=BD =~ - **+20
tan 35 tan75

& x-tan75 =(x+20)-tan35 <> x= 20 ~otan35 -~ 4,6(m) .

tan75 —tan35

Suy ra OH =26(m).

Vay chiéc diéu bay cao 26 m so v6i mit dat.

Ong X can do dién tich manh dit hinh t& giac, ong di theo chu vi manh dat, 1an luot do do dai
cac canh va mot goc nhu hinh v&. Tinh dién tich cia manh dat 46 ((lam tron két qua dén hang

. . 2
don vi, don vi: m”).

Loi giai
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Tra loi: 1971

A

Goi méanh dit can tinh dién tich 1a ABCD.
Ap dung dinh li Cosin vao tam giac ABD ta co:

BD =+ AB* + AD* — AB.ADcos A ~ 58,48 m.

1 ————
Dién tich tam giac 4BD 1a: S, = EAB.AD.cos BAD ~ 528,58 m’.

Nita chu vi tam gidc BCD la: p=2 C+32D D 36,74m.

Dién tich tam gidc BCD 1a: Sy, =+/p(p—BC)(p-BD)(p—CD) ~1442,38m’.

Vay dién tich manh dat cia 6ng X xap xi 1971m”.
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